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ABSTRACT

River stage or flow rates are required for the design and evaluation of hydraulic structures.

Most river reaches are ungauged and a methodology is needed to estimate the stages, or rates

of flow, at specific locations in streams where no measurements are available. Flood routing

techniques are utilised to estimate the stages, or rates of flow, in order to predict flood wave

propagation along river reaches. Models can be developed for gauged catchments and their

parameters related to physical characteristics such as slope, reach width, reach length so that

the approach can be applied to ungauged catchments in the region.

The objective of this study is to assess Muskingum-based methods for flow routing ill

ungauged river reaches, both with and without lateral inflows. Using observed data, the model

parameters were calibrated to assess performance of the Muskingum flood routing procedures

and the Muskingum-Cunge method was then assessed using catchment derived parameters for

use in ungauged river reaches. The Muskingum parameters were derived from empirically

estimated variables and variables estimated from assumed river cross-sections within the

selected river reaches used.

Three sub-catchments in the Thukela catchment in KwaZulu-Natal, South Africa were

selected for analyses, with river lengths of 4, 21 and 54 km. The slopes of the river reaches

and reach lengths were derived from a digital elevation model. Manning roughness

coefficients were estimated from field observations. Flow variables such as velocity,

hydraulic radius, wetted perimeters, flow depth and top flow width were determined from

empirical equations and cross-sections of the selected rivers. Lateral inflows to long river

reaches were estimated from the Saint-Venant equation.

Observed events were extracted for each sub-catchment to assess the Muskingum-Cunge

parameter estimation method and Three-parameter Muskingum method. The extracted events

were further analysed using empirically estimated flow variables. The performances of the

methods were evaluated by comparing both graphically and statistically the simulated and

observed hydrographs. Sensitivity analyses were undertaken using three selected events and a

50% variation in selected input variables was used to identify sensitive variables.
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The performance of the calibrated Muskingum-Cunge flood routing method using observed

hydrographs displayed acceptable results. Therefore, the Muskingum-Cunge flood routing

method was applied in ungauged catchments, with variables estimated empirically. The

results obtained shows that the computed outflow hydrographs generated using the

Muskingum-Cunge method, with the empirically estimated variables and variables estimated

from cross-sections of the selected rivers resulted in reasonably accurate computed outflow

hydrographs with respect to peak discharge, timing ofpeak flow and volume.

From this study, it is concluded that the Muskingum-Cunge method can be applied to route

floods in ungauged catchments in the Thukela catchment and it is postulated that the method

can be used to route floods in other ungauged rivers in South Africa.
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1. INTRODUCTION

As defmed by Fread (1981) and Linsley et al. (1982), flood routing is a mathematical method

for predicting the changing magnitude and celerity of a flood wave as it propagates down

rivers or through reservoirs. Numerous flood routing techniques, such as the Muskingum flood

routing methods, have been developed and successfully applied to a wide range of rivers and

reservoirs (France, 1985). Generally, flood routing methods are categorised into two broad ,

but somewhat related applications, namely reservoir routing and open channel routing

(Lawler, 1964). These methods are frequently used to estimate inflow or outflow hydrographs

and peak flow rates in reservoirs, river reaches , farm ponds , tanks, swamps and lakes (NRCS ,

1972; Viessman et a/., 1989; Smithers and Caldecott, 1995).

Flood routing is important in the design of flood protection measures in order to estimate how

the proposed measures will affect the behaviour of flood waves in rivers so that adequate

protection and economic solutions can be found (Wilson, 1990). In practical applications, the

prediction and assessment of flood level inundation involves two steps. A flood routing model

is used to estimate the outflow hydrograph by routing a flood event from an upstream flow

gauging station to a downstream location. Then the flood hydrograph is input to a hydraulic

model in order to estimate the flood levels at the downstream site (Blackburn and Hicks,

2001) .

Flood routing procedures may be classified as either hydrological or hydraulic (Choudhury et

al., 2002) . Hydrological methods use the principle of continuity and a relationship between

discharge and the temporary storage of excess volumes of water during the flood period

(Shaw, 1994). Hydraulic methods of routing involve the numerical solutions of either the

convective diffusion equations or the one-<limensiona1 Saint- Venant equations of gradually

varied unsteady flow in open channels (France , 1985).

Several factors should be considered when evaluating which routing method is the most

appropriate for a given situation. According to the US Army Corps of Engineers (1994a) , the

factors that should be considered in the selection process include , inter alia, backwater effects ,

floodplains, channel slope, hydrograph characteristics, flow network, subcritical and

supercritical flow. The selection of a routing model is also influenced by other factors such as



the required accuracy, the type and availability of data, the available computational facilities,

the computational costs, the extent of flood wave information desired, and the familiarity of

the user with a given model (NERC, 1975; Fread, 1981).

The hydraulic methods generally describe the flood wave profile more adequately when

compared to hydrological techniques, but practical application of hydraulic methods are

restricted because of their high demand on computing technology, as well as on quantity and

quality of input data (Singh, 1988). Even when simplifying assumptions and approximations

are introduced, the hydraulic techniques are complex and often difficult to implement (France ,

1985). Studies have shown that the simulated outflow hydrographs from the hydrological

routing methods always have peak discharges higher than those of the hydraulic routing

methods (Haktanir and Ozmen, 1997). However, in practical applications, the hydrological

routing methods are relatively simple to implement and reasonably accurate (Haktanir and

Ozmen, 1997). An example of a simple hydrological flood routing technique used in natural

channels is the Muskingum flood routing method (Shaw, 1994).

Among the many models used for flood routing in rivers, the Muskingurn model has been one

of the most frequently used tools, because of its simplicity (Tung, 1985). As noted by

Kundzewicz and Strupczewski (1982), the Muskingum method of flood routing has been

extensively applied in river engineering practices since its introduction in the 1930s. The

modification and the interpretation of the Muskingum model parameters in terms of the

physical characteristics, extends the applicability of the method to ungauged rivers

(Kundzewicz and Strupczewski, 1982). Most catchments are ungauged and thus a

methodology to compute the flood wave propagation down a river reach or through a reservoir

is required. One option is to develop models for gauged catchments and relate their parameters

to physical characteristics (Kundzewicz, 2002) . The approach for flood routing then can be

applied to ungauged catchments in the region (Kundzewicz, 2002).

In this study, the Muskingum-Cunge method is adopted to estimate the model parameters

because of its simplicity as well as its ability to perform flood routing in ungauged catchments

by estimating the model parameters from flow and channel characteristics. The Muskingum­

Cunge parameter estimation method utilises catchment variables such as flow top width (W),

slope (S), average velocity (Yay), discharge (Qo), celerity (Yw), and catchment length (L) to

estimate the parameters of the Muskingurn method.
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When performing flood routing in ungauged catchments, the model parameters have to be

estimated without observed hydrographs. The inflow hydrograph could be generated using a

hydrological model such as the ACRU model (Schulze, 1995). For this study, the observed

hydrographs are used to simulate an outflow hydrograph.

The objectives of this study are thus to:

( i ) Assess the performance of the Muskingum method, both with and without lateral

inflow, using calibrated parameters.

( ii ) Assess the performance of the Muskingum-Cunge method in ungauged catchments

using derived parameters, derived by:

(a) using variables estimated from empirical equations developed for different

river reaches, and

(b) using variables estimated from assumed cross-sections within the river

reach.

To understand the Muskingum flood routing methods, relevant literature was reviewed and is

presented in Chapter 2. The literature review contained in Chapter 2 includes the basic

Muskingum method, the Muskingum-Cunge method, the Three-Parameter Muskingum

method, the Non-Linear Muskingum method, and the SCS Convex method as well as channel

discharge relationships. Catchment selection and location, gauge selection, catchment

descriptions and flow data analyses are included in Chapter 3. Details of assumptions made in

the flow analysis, calculation steps to estimate the Muskingum flood routing parameters and

methodology adopted in the study are contained in Chapter 4. The performance of the

Muskingum method, both with calibrated parameters and in ungauged river reaches, and the

sensitivity of the Muskingum flood routing parameters to different catchment variables are

presented in Chapter 5. Discussion of the different Muskingum flood routing methods and

conclusions are contained in Chapter 6. Finally, recommendations for further research are

presented in Chapter 7.
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2. MUSKINGUM CHANNEL ROUTING METHODS

The Muskingum model was first developed by McCarthy (1938, cited by Mohan , 1997), for

flood control studies in the Muskingum River basin in Ohio, USA. As perceived by

Choudhury et al. (2002) and Singh and Woolhiser (2002), this method is still one of the most

popular methods used for flood routing in several catchment models .

2.1 The Basic Muskingum Flood Routing Method

Generally, the inflow hydrograph used in flood routing is obtained by converting a measured

stage into discharge using a steady state rating curve (Mutreja , 1986; Perumal and Raju, 1998;

Moramarco and Singh, 2001).

As depicted by Shaw (1994), storage in a river reach may be explained in three possible forms

as shown in Figure 2.1. During the rising stage of a flood in the reach, when inflow is greater

than outflow, the wedge storage must be added to the prism storage. During the falling stage

when inflow is less than the outflow, the wedge storage is negative and it has to be subtracted

from the prism storage to obtain the total temporary storage in the reach. In a reach when the

outflow and inflow are equal , the only storage present in the channel is the prism storage .

lanow

Outflow

-~idiOf____

Flood ArMnl

Wcdg< 5'or og< ~----===================-l-~

--------------J
Prism SCoug,c

Figure 2.1 Storage and non-steady flow (after Shaw, 1994)

An example of inflow and outflow hydrographs to and from a reach at prism storage is shown

in Figure 2.2. In a river reach with a uniform cross-section and an unvarying slope there is no

4



change in velocity, implying that the flow is a uniform flow (Chow, 1959). In such reaches the

outflow hydrograph peak lies on the recession curve of the inflow hydrograph (Shaw, 1994).

20 -.---------- ------ --- -------,

18 --------- - - --- - --- - - - - - - - - - -- - - - - - - - - - -- - -

. .
-- - - .j - --- --~~-------- - -----------

------- --- ;------ -- -- - -- ~~------------ ----

6 --------- f -- - - - - - - - - - ---- - -- -~~-- - ---------

8 - - - - - --- -- !- --- - - ------ - - -- ~~----- ------ -- -

16 - - - --~~ 7~- - - - -------- - - - - - - - ---- -

14

. ,
~ 12 - - - - - - - - - - - -:- - - - - - - - - - <: - - - - - - - - - - - - - - - - - -
-:~

~i 10

CI

16,515.514.513.512.5

O +-~'_'r_~,._,_~~._,_~~._,_~~._,_~~._,_~~r_r_._J

11.5

Time (h)

Figure 2.2 Example of inflow and outflow hydrographs

According to Tung (1985) and Fread (1993), the most common form of the linear Muskingum

model is expressed as the following equations:

(2.1)

(2.2)

where

Sp = temporary prism storage [m3
) ,

Sw = temporary wedge storage [m3) ,

It = the rate of inflow [m3.s-l
) at time = t,

Qt = outflow [m3.s-l
) at time = t,

K = the storage time constant for the river reach which has a value close to the

wave travel time within the river reach [s), and

X = a weighting factor varying between 0 and 0.5 [dimensionless).
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By combining Equations 2.1 and 2.2, the basic Muskingum equation is attained as given in

Equations 2.3a and 2.3b:

(2.3a)

(2.3b)

where

S, = temporary channel storage in [m3
] at time t,

S, = prism storage at a time t, and

S; = wedge storage at a time t.

When X = 0, Equation 2.3 reduces to S, = KQ" indicating that storage is a function of only

outflow. When X = 0.5, equal weight is given to inflow and outflow, and the condition is

equivalent to a uniformly progressive wave that does not attenuate (US Army Corps of

Engineers, 1994a). Thus, 0.0 and 0.5 are limits on the value of X, and within this range the

value of X determines the degree of attenuation of a flood wave as it passes through the

routing reach (US Army Corps ofEngineers, 1994a).

Fread (1993) explained that a simplified description of unsteady flow along a routing reach

may be depicted as being a lumped process, in which the inflow at the upstream end, and the

outflow at the down stream end of the reach are functions of time. In Muskingum flood

routing, it is assumed that the storage in the system at any moment is proportional to a

weighted average inflow and outflow from a given reach (Bauer, 1975).

Based on the continuity equation (Equation 2.4), the rate of change of storage in a channel

with respect to time is equal to the difference between inflow and outflow (Shaw, 1994):

where

I1S , = I _Q
I1t t t

I1St h f "
~t = t e rate 0 change of channel storage WIth respect to time.

6
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The combination and solution of Equations 2.3 and 2.4 in finite difference form results in the

well known Muskingum flow routing equations presented in Equations 2.5 and 2.6 .

Q t+ 1 C It C I t+ 1 C QI
j+1 = 0 j + I j + 2 j+1

where

Q~ = outflow at time [t] of the j th sub-reach, and

I~ =inflow at time [t] of the j th sub-reach.

The three coefficients (Co, C \, and C2) are calculated as :

Co =(.M + 2KX)/m

C1 =(~t - 2KX)/m

m =2K( I- X)+~t

(2.5)

(2.6a)

(2.6b)

(2 .6c)

(2.6d)

where Co, C, and C2 are coefficients that are functions of K and X, and a discretised time

interval ~t. The sum of Co, C\ and C2 is equal to one, thus when Co and C\ have been

calculated then C2may be derived as l-Cs-C I. Thus, the outflow at the end of a time step is the

weighted sum of the starting inflow and outflow as well as the ending inflow (Shaw, 1994).

The three coefficients (Co, C\ , and C2) are constant throughout the routing procedures (Fread,

1993).

As Viessman et al. (1989) suggested, negative values of C 1 must be avoided. Negative values

of C, are avoided when Equation 2.7 is satisfied. Negative values ofC2 do not affect the flood­

routed hydrographs (Viessman et al. 1989).

~t>2X
K

7

(2.7)



where

.1.t = change in time [s],

K = the storage time constant for the river reach, which has a value close to the

wave travel time within the river reach [s], and

X = a weighting factor varying between 0 and 0.5 [dimensionless].

After the X parameter is determined, the routing time interval should be checked again using

the relationship shown in Figure 2.3 (Cunge, 1969; cited by NERC, 1975).

1.2

0 .8

0 .6

~> 0.4

:5
<I 0 .2

o

- ~--
.>:--

/
I

o 0.1 0 .2

x
0.3 0 .4 o.s

Figure 2.3 Cunge curve (Cunge, 1969 cited by NERC, 1975)

The time .1.t is called the routing period and it must be chosen sufficiently small such that the

assumption of flow rate linearity over time interval .1.t is approximated (Gill, 1992). In

particular, if .1.t is too large, it is possible to miss the peak of the inflow curve, so the period

should be kept smaller than 115 of the travel time of the flood peak through the reach (Wilson ,

1990). According to Viessman et af. (1989), theoretical stability of the numerical method is

accomplished if Equation 2.8 is fulfilled:

2KX s .1.t ::;; 2K(l- X) (2.8)

Viessman et af. (1989) and Fread (1993) noted that the routing time interval (.1.t) is frequently

assigned any convenient value between the limits of (K/3)::;;.1.t::;; K. The analysis of many

flood waves indicates that the time required for the centre of mass of the flood wave to pass

from the upstream end of the reach to the down stream end is equal to K (Viessman et af. ,

8



1989). The value of K can thus be estimated using gauged inflow and outflow data and with

much greater ease and certainty than that of the X parameter (Viessman et al., 1989; Wilson,

1990). Among other factors in a catchment that influence the travel time (K), the most

important are: drainage pattern, surface geology, soil type, catchment shape and vegetal cover

(Bauer and Midgley, 1974). None of these are readily expressible numerically, but to a large

extent the factors are interdependent and can be generalised on a regional basis (Bauer and

Midgley, 1974). Most researchers agree that the effectiveness of the Muskingurn flood routing

method depends on the accuracy ofestimation of the K and X parameters (Singh and McCann,

1980; Wilson and Ruffin , 1988).

In order to determine the K and X parameters using observed inflow and outflow hydrographs,

Equation 2.5 is used (Shaw, 1994). If observed inflow and outflow hydrographs are available

for the reach, and since S, and [XIt+ (I-X) Qtl are assumed to be related via Equation 2.3, a

graphical procedure to estimate K and X parameters may be implemented by assuming

different values of X (Chow et al., 1988). The accepted value of X will then be that value of X

that gives the best linear and narrowest loop (Gill , 1978; Fread, 1993). For example, in Figure

2.4, K is taken as the slope of the straight line of the narrowest loop ex = 0.3) (Heggen, 1984).

The shortcomings of the graphical method include the time required to construct the plots for

alternative Xs, visual subjectivity and the sensitivity of X in short reaches (Heggen, 1984;

O'Donnell et al., 1988; Gelegenis and Sergio, 2000).

n

til

: n

K (sec)
m

X=O.2
,..")

/ I
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I /
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/ (
/ I

I I
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Figure 2.4 River routing storage loops (after Wilson, 1990)
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The peak outflow does not lie on the inflow recession curve due to the effect of the wedge

storage in streams (Shaw, 1994). As shown in Figure 2.5, the simulated outflow hydrograph is

not a good reconstruction of the observed outflow. This may happen when the relationships

shown in Equation 2.8 between K, X and Lit are not satisfied (Gill, 1992).
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Figure 2.5 Muskingum routed hydrographs (after Shaw, 1994)

The basic Muskingum equation formulation is applicable to a single reach having no lateral

inflow into the routing reach (Choudhury et al., 2002). In most rivers, this constrains the

routing reaches to be rather short, generally terminating at tributaries, and requires gauged or

estimated tributary inflows to be added to the main channel flow (O'Donnell, 1985). If there

is lateral inflow in the form of substantial tributaries, the routing reaches may be chosen to

terminate at a confluence, augmenting the main channel flow by the tributary flow for the

next reach (O'Donnell, 1985). As explained by Fread (1993) and the US Army Corps of

Engineers (1994a), the original Muskingum method is limited to moderate to slow rising

hydrographs being routed through mild to steep sloping channels. The method is not

applicable to steeply rising hydrographs such as dam breaks and ice breaks, where

acceleration and momentum predominate , and the method neglects variable backwater effects

such as downstream dams, constrictions, bridges and tidal influences (O'Donnell et al., 1988;

Gelegenis and Sergio, 2000).
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One of the disadvantages with hydrological methods of flow routing is that they assume a

unique relationship between stage and discharge along the reach, even though the same

discharge may have different flood levels at rising and falling stages (NERC, 1975). This

phenomenon is indicated graphically in the well-known loop-rating curve as shown in Figure

2.6.

Discharge

Figure 2.6 Loop-rating curve (after NERC , 1975)

2.2 The Muskingum-Cunge Parameter Estimation Method with Lateral Inflow

The original Muskingum method is based on the storage equation with the coefficients K and

X derived by trial and error (O'Donnell et al., 1988; Gelegenis and Sergio, 2000). Unlike the

basic Muskingum method where the parameters are calibrated using observed stream flow

data, in the Muskingum-Cunge method parameters are calculated based on flow and channel

characteristics (Ponce, 1989). Hence, in the absence of observed flow data, the Muskingum­

Cunge method may be used for parameter estimation (Smithers and Caldecott, 1993).

Equations 2.9 and 2.10 are used in the physically-based Muskingum-Cunge method to

estimate the K and X parameters (Chow, 1959; Fread, 1993):

(2.9)

(2.10)
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where

Qo = reference discharge [m3.s· I
] ,

S = dimensionless channel bottom slope [m.m"],

Vw = kinematic wave celerity [m.s"],

~L = routing reach length [m],

W = water surface width [m],

K = the storage time constant for the river reach, which has a value close to the

wave travel time within the river reach [s], and

X = a weighting factor varying between 0.0 and 0.5 [dimensionless] .

As evident from Equations 2.9 and 2.10, the Muskingum-Cunge K and X parameters are

obtained using variables such as the top width of the river, wave celerity, reach cross-section

area, reach length and reach slope. The relation of the Muskingum K and X parameters to the

catchment characteristics makes the Muskingum-Cunge method suitable to be applied to

ungauged streams (ponce, 1989). The Muskingum-Cunge method can simulate the celerity

and diffusion of flood waves in a practical and accurate manner (ponce and Yevjevich 1978;

Ponce et al., 1996). The Muskingum flood routing models do not consider backwater effects,

nor are they well suited for very mild sloping waterways where looped stage-discharge rating

may exist (Fread, 1981; Feng and Xiaofang, 1999).

According to Wilson and Ruffm (1988), the reference discharge may be estimated as:

(2.11)

where
Qo= reference discharge [m3.s· I

] ,

Q, = base flow taken from the inflow hydrograph [m3.s·I
] , and

Qp= peak inflow [m3.s· I] .

The kinematic wave celerity, defined as the slope of the discharge-area rating curve, may be

estimated using Equation 2.12 (Chow, 1959):

(2.12)
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where

!lA = change in cross-sectional area [m2
].

In large catchments, where there is a lateral inflow to the main stream, the volume of the

outflow hydrograph may be larger than the inflow volume . Hence , lateral inflow should be

considered and added to the main flow as follows (NERC, 1975):

(2.13)

Equation 2.13 is an extension of Equation 2.5, once the K and X parameters are determined

the Co, C1 and C2 coefficients can be determined from Equation 2.6.

The C3 coefficient, calculated using Equation 2.14, is added as a lateral inflow term in

Equation 2.13 (NERC, 1975):

q*~t*~L
C - --=------­

3 - 2K(1-X)+~t
(2.14)

Flows associated with lateral inflow that are not routed in the main channel, may be added

using Equations 2.14 and 2.15 (Fread, 1993). The total lateral flow, per unit length, has an

assumed time distribution along the reach and specified at intervals of ~t (NERC, 1975).

Backwater effects are ignored and lateral flows are assumed to enter proportionally along the

main reach (Fread, 1993).

The Saint-Venant Equation for gradually varying flow in open channels is given as follows

(NERC, 1975):

(2.15a)

where

q = lateral inflow [m2.s·1
] per unit length (m) at time t [s],

~Q = change in discharge [rrr'.s"],
~t = change in time [s], and
ilL = change in length [m].

13



Fread (1998) approximated the terms in Equation 2.15a as:

I1A

I1t I1t
(2.15b)

I1Q =:: ~(Q ~:: - I ~+l) + (1- ~)(Q~+I - I)
I1L - I1L

where

~ = weighing factor, which is between 0.5 - 1 (Fread, 1998), and

A ~ = cross sectional area [m2
] at time [t] of the j th sub-reach.

J

Hence, lateral flow per unit (q) can be calculated from:

A ~+I + A1+1
J J+I

2
I1t

(2.15c)

(2.15d)

When the ratio of lateral inflow to the main flow is too large, numerical difficulties in solving

Equation 2.15c may arise. Increasing the routing length (I1Lj) of the specified reach may solve

the numerical difficulties (Fread, 1993) .

In channel routing, the travel time through a river reach may be larger than the routing interval

I1t selected to meet the limits in Equation 2.8. When this occurs, the channel must be broken

down into sub-reaches with smaller routing steps to simulate the flood wave movement and

changes in hydrograph shape (US Army Corps of Engineers, 1994a). An initial estimate of the

number of routing steps may be obtained by dividing the total travel time (K) by the routing

interval time (I1t). According to the US Army Corps of Engineers (1994a), a general rule of

thumb is that the computation interval should be less than 1/5 of the time of rise of the inflow

hydrograph. As noted by Reed (1984), the space and time steps chosen should approximate

Equation 2.16a:

(2.l6a)
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where

f..l = hydraulic diffusivity [m2.s-I
] ,

Qo = reference discharge [m3.s·I
] ,

W = top flow width in [m], and

S = bottom slope [m.m"].

Fread (1993) also suggested that the length can be estimated from Equation 2.16b.

(2.16b)

2.3 The Three-parameter Muskingum Procedure with Lateral Inflow

The Three-parameter Muskingum procedure is a method based upon the three-parameter

Muskingum model, where the two conventional parameters are augmented by a third

parameter to account for lateral inflow into the reach (O'Donnell et al., 1988). O'Donnell

(1985) incorporated a third parameter (a.) assuming direct relationship between lateral inflow

and main channel flow. Figure 2.7 shows the lateral inflow model. In the Three-parameter

Muskingum method , the a. parameter is multiplied by the stream inflow term and added as a

lateral inflow to the main flow as shown in Equation 2.17:

(2.17)

and

(2.18)
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Figure 2.7 Lateral inflow model (after O'Donnell et al., 1988)

In matrix formulation, the basic Muskingum routing Equation 2.5 may be written as

(O'Donnell, 1985):

(2.19)

where

Qt+1 = outflow in [m3.s- l
] for time step t+1,

It = inflow for time step t [m3.s- I
] ,

It+1 = inflow for time step t+1 [m3.s-I
] , and

d, = the i th coefficient [dimensionless], 0 < i :s; 3 .

The matrix inversion using the least squares solution of Equation 2.19 yields the three d,

coefficients, and hence the K and X parameters (O'Donnell et aI, 1988). The d, coefficients are

sufficient for reconstruction of an outflow hydrograph using Equation 2.19.

As O'Donnell et al. (1988) noted, the three parameters K, X and a can be derived from

equations where the two sets (do, d., d2 and K, X, a) of parameters are directly linked as

shown in Equation 2.20.

do =(l+a)(~t+2KXYN =(l+a)~

d, =(l+a)(~t-2KXYN =(l+a)~

d, =(2K(1-X)-~t)/N=C2

N=2K(1-X)+~t
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and

(2.2la)

(2.2lb)

(2.2lc)

where

K = wave travel time [s],

X = weighting parameter [dimensionless],

.M = time step[s],

a = the third extended parameter [dimensionless],

d, = the i th coefficient [dimensionless], 0 < i ::;; 3 , and

C, = the i th coefficient [dimensionless], 0 < i ::;; 3 .

As noted by O'Donnell (1985), if there is no lateral inflow, then a is equal to zero; when there

is a lateral outflow a would have a negative value.

This modified method has three further advantages (O'Donnell, 1985):

(i) It replaces the tedious and subjective graphical trial and error estimation of the K and X

parameter values with a numerical and direct best-fit solution technique.

(ii) By treating the whole river as a single reach, it avoids the need for multiple routings and

multiple parameter determinations over many sub-reaches.

(iii) It allows for lateral inflow (if any), and it fmds the routing coefficients directly.

The matrix analysis and simple lateral inflow model was applied by O'Donnell (1985), to a

standard test event and to several events on two rivers in the United Kingdom, with reasonably

encouraging success (O'Donnell, 1985). A summary of this study is contained in Section 2.4.
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Aldama (1990) introduced in O'Donnell's method by eliminating Co in the Muskingum

routing Equation 2.5 and the estimated outflow is computed as:

The least square solution derived by Aldama (1990) is:

(2.22a)

C
1
=D-I

[ i (Qj - 1j+li l i (Ir Ij+I)(Qj+1- Ij+I)]
)=1 )=1

-[t,(l;-I;.,)(Q; - J;.,)It,(Q;-1;.< )(Q;., -1;.<)]

(2.22b)

where

(2.22c)

(2.22d)

Reducing the Coterm in the above equations ofAldam (1990) reduce variables so that K and

X parameters may be determined from C1 and Cz only as shown below:

and

(2.22e)

X =l
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2.4 Application of the Three-parameter Muskingum Model (Matrix)

In a study conducted on two British rivers, the Wye (75 km reach length) and the Wyre (25

km reach length), O'Donnell et al. (1988) showed the dependency of the a. parameter on

individual flood events and recommended that further studies should investigate the a. values

in relation to storm rainfall distribution. The very different ranges of a. values for different

hydrographs imply radically different catchment drainage behaviour and/or spatial storm

distribution patterns. Other observations from the study include the following:

(i) For small flood events, the three-parameter method would seem to have a flood routing

mechanism quite different from that operating for large floods.

(ii) The timing of the peak discharge and magnitude of the reconstructed outflow

hydrograph for the bankfull river flow was poor compared to hydrographs with flow

within the banks.

A possible reason for this difference in (ii) is that the travel time for flood peaks are frequently

much longer for out of bank events than for those within banks (O 'Donnell et al., 1988) . For

the three-parameter model fitted to each of the individual events, the reconstructed

hydrographs peak outflow was less than the observed peak values and in most of the cases the

timing ofthe reconstructed peak outflow was earlier than that of the observed one.

The following procedure is necessary to apply the three-parameter model (O'Donnell et al.,

1988):

(i) Estimate the best routing coefficients (do, d , and dz) using Equation 2.20 for observed

inflow and outflow data.

(ii) Reconstruct the outflow hydrographs based on the estimated coefficients.

(iii) Estimate the model parameters (K, X and o) using Equation 2.21.

(iv) Evaluate the model using the calibrated parameters on events not used in the calibration

procedure.

Application of the Three-parameter method requires observed inflow and outflow hydrographs

to estimate the model parameters (K, X and a.) initially. The K, X and a parameters of a
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catchment in the Three-parameter Muskingum method should be calibrated using different

events needing many years of observed inflows and outflows hydrographs, since calibrating

with specific events might give erroneous parameters for a given catchment (0' Donnell et al.,

1988).

2.5 The Non-linear Muskingnm Method

It is recognised that the storage versus weighted flow relationship is not always linear as is

implied in Equation 2.3. If the relationship is non-linear, use of Equation 2.3 introduces

considerable error (Gill, 1978).

Mohan (1997) proposed Equations 2.23 and 2.24, which utilise a non-linear Muskingum

model in situations when the storage versus weighted flow relationship is non-linear:

(2.23)

(2.24)

where

n = exponent [dimensionless], and.

m = exponent [dimensionless].

Equations 2.23 and 2.24 have more degrees of freedom compared to Equation 2.3 and hence

should yield a closer fit to the non-linear relation between storage and discharge. However,

owing to the presence of non-linearity in the equation, the calibration procedure is complex

(Gill, 1978; Mohan, 1997).

2.6 The SCS Convex Method

The US Soil Conservation Service (SCS) developed a coefficient channel routing technique

similar to the Muskingum method. It has had widespread use in project planning and is used

successfully even when limited storage data for the reach is available (Viessman et al., 1989).
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The theory of the SCS Convex method is based on the following principle: when a flood

passes through a natural stream that has negligible local inflows or transmission losses, there

is a reach length (~L) and a time interval (~t) such that discharge (QI+1) falls between inflow

(II) and outflow (QI), as shown in Figure 2.8 (NRCS, 1972; Viessman et al., 1989). Equations

2.25 and 2.26 are algorithms for hydrograph rising and falling stages respectively (NRCS,

1972):

(2.25)

(2.26)

As explained by the NRCS (1972) and Viessman et al. (1989), the working equation for the

Convex Method is derived from Figure 2.8. The total inflow and outflow volumes are equal,

hence, the area under the inflow and outflow hydrographs are equal. The peak outflow is

smaller and occurs later than the peak inflow and the curves cross at some point, A, as shown

in Figure 2.8. This means that as QI+I falls between II and QI at any time, the vertical distance

of QI+I above QI or below QI on the right hand side of A is a fraction (Ct) of the difference (II­

QI), as shown in the inset of Figure 2.8. From triangle similarity relations, Equations 2.27 and

2.28 can be derived:

(2.27)

and

(2.28)

where

QI = outflow at time t [m3.s· I],

Qt+1 = outflow at time t+l [rrr .s"],

It = inflow at time t [rrr'.s"],

C, = At/K [dimensionless],

~t = change in time [s], and

K = storage constant [s].
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According to NRCS (1972) and Viessman et al. (1989), K is a constant storage parameter with

time units and may be approximated from the Muskingum method. Similarly, C is

approximately twice the Muskingum X

Triangular relationships
on the rising limb

Ul

T illie

Figure 2.8 Channel routing using the Convex method (after NRCS, 1972)

Equation 2.27 is thus a working equation to route the entire inflow hydrograph once C is

established using Equation 2.28.

The Convex method of routing is valid only if C, falls between 0.0 and 1.0 and, more

importantly, Qt+1 should always be between outflow Qt and inflow It. The former can be

controlled by selection of ilt, and the latter requirement is satisfied by the mathematical theory

arising from analysis ofconvex sets (NRCS, 1972; Viessman et al., 1989).

Unlike other routing methods, the convex method equation for Qt+1 is independent of It+l .

Thus, the procedure can be used to forecast outflow from a reach without knowing the

concurrent inflow. This provides a method for flood warning with a lead-time of at least the

routing time ilt (Viessman et al., 1989).
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2.7 Discharge and Channel Relationships

As suggested by Clark and Davies (1988), rivers have a unique relationship between flow and

channel dimensions, although close similarities are found for rivers in the same region with

similar bed and bank materials and similar sediment loads. When there are limited data ,

relationships to relate channel dimensions to available variables are necessary. Of the many

regime type equations that have been proposed, those relating channel width (b), to the

dominant discharge have generally been found to be the most robust in application to rivers

for which they were developed. These are mainly of the form as in Equation 2.29:

where

b =zQrn

b = base width [m], and

Q= bankfull discharge [m3.sol
] .

(2.29)

The coefficients z and m are estimated empirically. The values ofz and m for various studies

for gravel bed rivers are listed in Table 2.1.

Table 2.1 Coefficients ofEquation 2.29 (after Clark and
References z m

Nixon (1959) 2.99 0.50

Simons and Albertson (1963) 2.85 0.50

Kellerhals (1976) 3.26 0.50

Charlton et af . (1979) 3.74 0.45

Bray (1982) 4.75 0.53

Hey and Thorne (1987) 3.67 0.45

Davies, 1988)

Clark and Davies (1988) derived a relationship between slope and bankfull discharge for wadi

channels in desert conditions given in Equation 2.30.

where

S = O.012Qo

O.44

S = slope of the reach [m/m] , and

Q= bankfull discharge [m3.s· I
] .
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The relation between wetted perimeter (P) and discharge (Q) was developed for wide stable

channels in Punjab, India by Lacey (1930, 1947, cited by Punmia and Pande, 1981). As noted

by Klaassen and Vermeer (1988) and Garg (1992) the formula was applied in river schemes in

part of India and Pakistan. Regime theory has been relatively successful in India and Pakistan

in the design of stable irrigation channels under natural regimes (Savenije, 2003).

The Lacey equation is given by Lacey (1930, 1947; cited by Punmia and Pande, 1981), as

where

R =0.47(Q)113
f

P= c..[Q

P = wetted perimeter [m],

R = hydraulic radius [m],

f = silt factor [mm], usually - I ,

Q= discharge [m3.s-I
] , and

c = coefficient [between 4.71- 4.81].

(2.31a)

(2.31b)

As suggested by Chow (1959), channel dimensions for the section factor shown in Equation

2.32a can be determined from a normal depth curve developed for rectangular, trapezoidal and

circular sections as shown in Figure A.l (Appendix A). For a given bottom width (b), the

corresponding flow depth, area and hydraulic radius can be calculated from the curve.

(2.32a)

where

A = flow area [m2
] ,

n = Manning's roughness coefficient [dimensionless],

R = hydraulic radius [m],

Q= discharge [m3.s-I
] , and

S = riverbed slope [m1m].
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Manning's equation is given as (Chow, 1959):

(2.32b)

where

Vav = average velocity [m.s"],

Equation 2.33 is an empirical relationship recommended by US Reclamation Service

(Etcheverry, 1915, cited by Chow, 1959) :

y =OSJA

where

y = depth of flow [m], and

A = area of flow [m2
] .

2.8 Flood Routing in Ungauged Rivers

(2.33)

As noted by the US Army Corps of Engineers (1994a), various flood runoff models have been

developed based on the laws of thermodynamics and laws of conservation of mass,

momentum and energy. Other models are empirical models which are numerical relationships

derived from observed events. The Muskingum-Cunge routing model uses channel geometry,

reach length, roughness coefficient, and slope to estimate the parameters of the model.

Therefore, the Muskingum-Cunge method may be used for flood routing analysis in an

ungauged catchment.

The problem of estimating flood magnitudes for ungauged catchments is one that arises

frequently (Herbst, 1968). As explained by Kundzewicz (2002), ungauged catchments include

catchments that are genuinely ungauged, poorly gauged, or those previously gauged and where

monitoring has been discontinued. If there are no flow records from a catchment, methods that

do not require the availability of observed hydrological record have to be used to estimate

model parameters (Linsley et al., 1982).

According to the US Army Corps of Engineers (1994a), in channels with mild slopes and out

of bank flows, X will be closer to 0.0. For steeper streams, with well-defined channels and
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flows within the banks, X will be closer to 0.5. Most natural channels lie somewhere in

between these two limits.

2.9 Factors that Influence Flood Routing

The factors that have an effect on the practical application of the Muskingum flood routing

method and its limitations should be accounted for in parameter estimation techniques. The

following sections summarise the effect of variables such as the slope, backwater effect and

Manning roughness coefficient (n) in flood routing applications.

2.9.1 Slope

From Manning's Equation (2.32b) it is evident that a change in the slope of a channel affects

flow velocity. This, in turn affects the lag time and shape of the hydrographs. Hence, the use

of these variables in flood routing techniques has to be considered for different flow

conditions in order to derive reliable estimates of the routing parameters.

According to Chow (1959), Fread (1993) and the US Army Corps of Engineers (1993), a river

slope is classified as mild, steep, or critical. A critical slope is a slope where a critical velocity

occurs by means of a change in potential energy rather than flow head. Slopes are classified as

mild when they are less than the critical slope. They are classified as steep when they are

greater than the critical slope for a given flow. A negative slope occurs when the riverbed rises

in a downstream direction. For slopes greater than 95 xlO? m.m" , steady flow analysis is

usually adequate (US Army Corps of Engineers, 1993). Depending on the magnitude of the

Froude number, defmed in Equation 2.34, the state of flow can be divided as either subcritical,

critical, or supercritical (Chow, 1959; Fread, 1993; US Army Corps of Engineers, 1993;

Koegelenberg et a/., 1997).

Froude number is estimated as follows,

(2.34)

where

F = Froude number [dimensionless],
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Vav = mean flow velocity in the channel [m.s"],

g = acceleration due to gravity [m.s"], and

c = characteristics length [m].

The characteristics length (c) is often taken as the perpendicular cross-sectional area of the

flow divided by the top width of flow surface. The denominator term in Equation 2.34 is the

expression of celerity of a shallow water wave (Fread, 1993; US Army Corps of Engineers,

1993).

The simplest and most widely used method for defining the main slope of a channel is

calculated as shown in Figure 2.9 (Linsley et al., 1988). As indicated in Figure 2.9, the

maximum elevation point used in the calculation is chosen to obtain a representative slope

along the total reach.

A

...... .. ...
" . ~ .. .. .. ~ .. .

B

L.- ..

Distance

Figure 2.9 Mean stream slope (after Linsley et a/., 1988)

Alternatively, conveyance slope measured at 10% and 85% of stream length from mouth of

the river can be used (US Army Corps of Engineers, I994a).

2.9.2 Backwater and inundation effects

Hydrological flood routing methods ignore variable backwater effects such as downstream

dams, constrictions, bridges, and tidal influences (O'Donnell, 1985). In addition, as noted by

the US Army Corps of Engineers (1993), backwater effects attenuate the dynamics of flow

strongly, which in turn negate the linearity assumption in the Muskingum method.
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2.9.3 Manning roughness coefficient

Roughness coefficients represent the resistance to flood flows in channels and flood plains

(Arcement and Schneider, 1989). As noted by Chow (1959) and Koegelenberg et al. (1997),

there is no precise method to estimate roughness coefficients and therefore practical estimation

of the Manning roughness coefficient is subjective. The roughness coefficients vary with the

flow depth and the seasonal physical change in the river bed and bank. Hence, in design

practice, the worst scenarios are usually considered. Surface roughness, plant growth along the

river, sediment load, irregularity in channels and wind blowing against the direction of flow

increase the value of resistance significantly. When there is less plant growth and less

irregularity just above the surface of the flow depth, the resistance value decreases with an

increase in discharge (Chow, 1959; Arcement et al., 1989; Koegelenberg et al., 1997). The

base roughness coefficient values (ns) of different river conditions are contained in Table 2.2.

Table 2.2 Base roughness coefficient values (Arcement and Schneider, 1989) [Modified from

Aldridge and Garret, 1973]

Base ro ughness coefficient value

Bed material
Median size of bed Straight Uniform Smooth Channel
materiallmml Channel

Sand Channels

0.2 0.012 -
0.3 0.017 -
0.4 0.020 --

Sand 0.5 0.022 -
0.6 0.023

0.8 0.025 -
1.0 0.026 -

Stable Channels and Flood Plains

Concrete - 0.012-0.018 0.011

Rock cut - - 0.Q25

Firm Soil - 0.025-0.032 0.020

Coarse Sand 1-2 0.026-0.035 -

Fine Gravel -- -- 0.024
Gravel 2-64 0.028-0.035 -
Coarse Gravel - - 0.026
Cobble 64-256 0.030-0.050 --
Boulder >256 0.040-0 .070 -
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In the selection of a base roughness coefficient (n) value for a channel, the channel must be

classified as a stable channel or as a sand channel. A stable channel remains relatively

unchanged throughout most of the range inflow (Arcement and Schneider, 1989).

The flow in a river may be confined to one or more channels and, especially during floods , the

flow may occur both in the channel and in the flood plain . The coefficient of roughness (n)

value is determined from the values of the factors that affect the roughness of channels and

flood plains (Arcement and Schneider, 1989).

As noted by Shen and Julien (1993) and Fread (1993), the best results are obtained when the

roughness coefficient (n) is calibrated against historical observations of stage and discharge.

The Manning roughness coefficient (n) is also related to the Darcy friction factor f, and the

prevailing sediment size condition of the bed materials as shown in Equations 2.35 and 2.36

(Shen and Julien, 1993 and Fread, 1993):

(2.35)

where

J.1 = 0.113 [When other variables are in SI units] ,

f = Darcy friction factor [dimensionless], and

D = hydraulic depth [m].

and

where

(d ) 116
n =_5_0_

21

d50 = the median sediment size [m].

(2.36)

As shown by Chow (1959) , in applying the Manning formula to channels with composite

roughness, it is sometimes necessary to compute an equivalent roughness coefficient value for

the entire perimeter and use this value for the computation of the flow in the whole section.

Limerinos (1970, cited by Arcement and Schneider, 1989), related the base roughness

coefficient value to hydraulic radius (R) and particle size (da4) having bed material ranging

from small gravel to medium-sized boulders. Limerinos (1970) related n to particles which
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have minimum diameter which equals or exceeds the diameter of 84 % of the particles, as

shown in Equation 2.37:

(2.37)
(0.8204)R 1

/
6

n
b

= 1.16+20l0g[~]
dS4

where

nb = roughness coefficient base value [dimensionless],

R = hydraulic radius [m], and

d84 = particle diameter (m) that equals or exceeds the diameter of84 % of the

particles [determined from a sample of about 100 randomly distributed

particles].

Arcement and Schneider (1989), recommend Equation 2.37 to estimate the base roughness

(nb) value for a stable channel. The base roughness coefficient (fib) values contained in Table

2.2 are for straight channels of nearly uniform cross-sectional shape. Hence, adjustments for

channel irregularities, alignment, obstructions , vegetation, and meandering corrections may be

made to account for particular channel characteristics using Equation 2.38 and the information

contained in Table 2.3.

As noted by Arcement and Schneider (1989), projecting points or exposed trees increase the

resistance coefficient. An increase of the resistance coefficient is also associated with a change

in cross-sectional area.

The degree of meandering, (m), depends on the ratio of the total length of the meandering

channel in the reach being considered to the straight length of the channel reach (Arcement

and Schneider, 1989).

Cowan (1956, cited by Chow, 1959), Arcement and Schneider (1989) and Land & Water

Australia (2004) proposed that Manning 's resistance value for open channel flow could be

determined by considering all the factors that contribute to flow resistance. Hence, the value

may be computed by considering all the channel characteristics as shown in Equation 2.38:
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(2.38)

where

nb = a base value for a straight, uniform, smooth channel in natural channels,

nr = a value for the effect of surface channel irregularities,

n2 = a value for variations in shape and size of the channel cross-section,

n3= a value for obstructions,

I4 = a value for vegetation and flow conditions, and

m = a correction factor for channel meandering.

First the river reach should be classified as a sand channel or stable channel, then the bed

materials and the uniformity of the channel should be identified. Based on the channel type

and characteristics, the base roughness value (fib) is assigned from Table 2.2. Since the base

value is for smooth and straight reaches, the base value should be adjusted using Table 2.3 for

the site condition with regards to the degree of channel irregularity, variation in channel cross­

section, effect of obstruction, amount ofvegetation cover and degree of meandering.

Table 2.3 Adjustment for channel roughness values (after Arcement and Schneider, 1989)

[Modified from Aldridge and Garrett, 1973]

Channel conditions n values adjustment Example

Degree of irregularity (n\)

Smoothest channel attainable in a

Smooth 0.000 given bed material.

Degraded channels in good

condition having slightly eroded

Minor erosion 0.001-0.005 side slopes.

Degraded channels having

Moderate erosion 0.006-0 .010 moderately eroded side slopes

Badly eroded unshaped, jagged

Severe erosion 0.011-0.020 and irregular surface of channel.

Variation in channel cross-section (nz)

Size and shape of channel cross-

Gradual 0.000 section change gradually.

Large and small cross-sections

Alternating occasionally 0.001-0.005 alternate occasionally.

Large and small cross-sections

Alternating frequently 0.010-0.015 alternate frequently.
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Table 2.3 (Continued) ...
Channel conditions n values adjustment Exa mple :

Effect of obstruction (nJ)

A few scattered obstructions,

which include debris deposits or

isolated boulders that occupy less

than 5 % ofthe cross-sectional

Negligibl e 0.000-0.004 area.

Obstruction occupies less than 15

Minor 0.040-0.050 % of cross-sectional area.

Obstructions occupy from 15% to

Appreciable 0.020-0 .030 50% of cross-sectional area.

More than 50% of cross-sectional

Severe 0.005-0.015 area.

Amount ofvegetation (114)

Dense growth of flexible turf

grass, such as Bermuda or weeds

Small 0.002-0.010 growing where the average depth

of flow is at least two times the

height of the vegetation.

Turfgrass growing where the

average depth of flow is from one

Medium 0.0 I0-0.025
to two times the height of the

vegetation, moderately dense

grass, weeds or brushy , moderately

dense vegetation.

Turfgrass growing where the

Large 0.Q25 -0.050
average depth of flow is about

equal to the height of the

vegetation.

Turfgrass growing where the

Very Large 0.050-0.100 average depth of flow is less than

half the height of the vegetation.
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Table 2.3 (Continued)...
Channel conditions n values adjustment Example

Degree of meandering (m)

Ratio of the channel length to
Minor 1.00

valley length is 1.0 to 1.2.

1.15
Ratio of the channel length to

Appreciable
valley length is 1.2 to 1.5.

1.30
Ratio of the channel length to

Severe
valley length is greater than 1.5.

In this chapter the Muskingum flood routing methods , the relationship between discharge and

channel , flood routing method applications in ungauged rivers, and factors that influence the

practical application of flood routing methods have been discussed. In the next chapter, the

catchment and event selection procedure are detailed.
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3. CATCHMENT AND EVENT SELECTION

The selection of suitable gauge sites, river reaches, and event for analysis are presented in this

chapter .

3.1 Catchment Selection

As noted by Thukela Basin Consultants (2001), the Department of Water Affairs and Forestry

(DWAF) initiated the Vaal Augmentation Planning Study (YAPS) in 1994 to determine

alternative development options to meet the increased demand for water in South Africa.

DWAF has found that inter-basin transfer schemes, together with other strategic actions, offer

a possible and affordable means for augmenting water supplies to the Vaal River system. The

Thukela River, among others, is one of the options investigated for a further inter-basin

transfer scheme.

According to Thukela Basin Consultants (2001) and Encyclopaedia of Nationmaster (2004),

the Thukela River has its source in the Drakensberg Mountains near Bergville , where

mountain peaks rise to over 3000 m. The river falls rapidly 947 m down to the Thukela falls.

The mean annual rainfall (MAR) in the Thukela catchment ranges from 1500 mID or more in

the Drakensberg, to 50 mID and less in the dry central regions of the catchment where the

MAR is lower than 700 mID.

The Thukela catchment was selected to conduct flood routing studies as it has numerous

gauging stations, long records of flow and long rivers and tributaries . Additionally, the

research would supplement other current research activities in the School of Bioresources

Engineering and Environmental Hydrology .

3.2 Suitable Gauging Sites and River Reach Selection

The factors considered when selecting suitable gauging stations for streamflow records are the

availability of data, the quality of data, and the suitability of the river reach to estimate flood

routing parameters, i.e. whether there are not any constrictions, dams, backwater effects due to
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inundations and the appropriateness of the reaches to apply the Muskingum flood routing

methods, as outlined previously . Usually the data required to analyse flood routing includes

the recorded inflow and outflow hydrographs, length of reach, river slope, channel network,

channel roughness and ice jam conditions (Fread, 1993). Reaches of different lengths were

selected to assess the influence of river length in the application of flood routing methods.

River reach length (~L), slope of the river reach (S) and the longitudinal profile of each river

reach was extracted from a 200 m Digital Elevation Model used by the South African Atlas of

Agro hydrology and Climatology (Schulze et al., 1997). The slope and length of selected

reaches were derived using the ArcView 3.2a (ESRI, 2000) software package. Base values for

Manning's roughness coefficient were estimated from Table 2.2 (Section 2.9.3) and from field

observations. The catchment area and location of gauging weirs were obtained from the

Department of Forestry and Water Affairs (DWAF) (2003) internet hydrology link at the URL

ofwww.dwaf.gov.za/hydrology/cgi-bin/his/cgihis.exe/station.

3.3 Catcbment Location

As shown in Figures 3.1 and 3.2, the Thukela catchment extends latitudinaly from 27.41° to

29.40° S and longitudinally from 28.96° to 31.44° E and has a catchment area of 29 036 km'.

The catchment is made up of 86 interlinked and cascading Quaternary Catchments as defined

by the DWAF (Schulze and Taylor, 2002).
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Figure 3.1Thukela location map

Figure 3.2 Selected gauging stations
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Figures 3.3, 3.4 and 3.5 illustrate selected sub-catchments, gauging stations and river

networks. Owing to the limitation of Muskingum methods as stated in Sections 2.1 and 2.2, as

well as the lack of good data for many of the gauging weirs in the Thukela catchments, only

three of the sub-catchments are considered for this study.

A summary of weir site locations and other relevant information for each gauging station are

included in Table 3.1.

ddhfa e ummarv 0 reac es an .gauging stations use
Upst ream and Sub- Average

Catch. Reach
downstream Elevation Catch. Channel

Reach Location River area Length
Gauging 1m)

[km ']
area Slope [% )

Stations Ikmz) [km)

V IH038 Dorpsgronde Klip 1042 1644
10 4.09 0.70

1 V1H051 Ladysmith Klip 1007 1654

V2H002 Mooi Mooi 1390 937
609 54.40 0.55

II V2H004 Doomkloof Mooi 1099 1546

V2H004 Doomkloof Mooi 1099 1546
III 44 20.00 0. 12

V2HOOI Scheepersdaal Mooi 1075 1950

T bl 3 1 S

------------------------------- 28°20 'S Ga ug ing Statio ns

V I H0 38

o V IH05 1

/\/Kli p river

,/""V"- R iver netw ork
o Catchment bo undary

--------. 28 °40 'S

Figure 3.3 Selected gauging stations at the Klip river in Sub-catchment-I
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Figure 3.4 Selected gauging stations at the Mooi River in Sub-catchment-II
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Figure 3.5 Selected gauging stations at the Mooi River in Sub-catchment-Ill

38



3.4 Characteristics of River Reaches

In order to observe the site conditions and estimate factors affecting Manning roughness

coefficient (n) and the maximum bankfull top flow width (W), the reaches in the selected

catchments were visited during June 2004. The river reach information for all sub-catchments

was collected during the field visit, and additional information was derived from the 1:50 000

South Africa Map (1989) and the I: 100 000 KZN Tourist Map (2003). The interpretation of

information collected from the field survey is contained in Table 3.2. The average bankfull top

width and maximum flow depth observed in the field were used to set the maximum bankfull

river flow. All the channels were assumed to be stable channels. The approximate general top

widths are between 50-70m and the maximum flow depths are between 2-4 m..

Assumed cross-sectional dimensions of maximum top width (W) and maximum section depth

(y) observed during the field visit are contained in Table 3.2.

Table 3 2 Field observed data for assumed cross-sections
Reach Top Dow width (m) Maximum depth (m)

I 70 2.5

II 30 2

III 50 5

T bl 3 3 F' ld daa e Ie survey ta
Chan nel

Channel vegetati on
Reach Channel Shape Channel condition Meanderness

obstruction cover

Size

I Moderately Irregular Occasionally alternating Appreciable Negligible SmalI

II Moderately Irregular OccasionalIy alternat ing Severe Negligible SmalI

III Moderately Irregular OccasionalIy alternating Appreciable Negligible SmalI
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3.4.1 Characteristics of Reach-l

The Klip River has a moderately irregular channel shape with occasionally alternating width

of cross-sections . It has negligible obstructions and the ratio of channel length to its valley

length is estimated to be 1.3. Hence, the river is categorised as an appreciable channel

meandering condition from values contained in Table 2.3 (Section 2.9.3). The river has an

alternating medium vegetation cover along the reach. An example of riparian vegetation in the

river is shown in Figure 3.6.

Figure 3.6 The Klip River in Sub-catchment-I

The slope of the main Klip River changes drastically from a steep slope to a much flatter slope

as shown in Figure 3.7. The upper 46% of the reach length has a slope of 2.1% and the

downstream 54% of the reach has a slope of almost zero (flat). This implies that the reach has

high velocity flows at the upstream and a very slow flow at the downstream side.
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Figure 3.7 Longitudinal profile of the Klip River in Sub-catchment-I

3.4.2 Characteristics of Reach-Il

In the Mooi River the ratio of meandering channel length to its valley length is estimated to be

1.8. Hence, the river is categorised as having a severely meandering condition from values

contained in Table 2.3 (Section 2.9.3). The river has alternating bushy cover along the reach,

and an example of riparian vegetation along the river is shown in Figure 3.8.
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Figure 3.8 The Mooi River in Sub-catchment-II

The slope of the main river reach of the Mooi River is shown in Figure 3.9.
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Figure 3.9 Longitudinal profile of the Mooi River in Sub-catchment-II

3.4.3 Characteristics of Reach-III

Reach-III is a continuation of the Mooi River downstream of Muden village and has a

moderate irregular channel shape with occasionally alternating width of cross-sections. The
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reach downstream of the Mooi River has negligible obstructions. The ratio of channel length

to its valley is estimated to be 1.38. Hence, the river is categorised as having an appreciable

meandering channel condition based on values contained in Table 2.3 (Section 2.9.3). The

Mooi River has shorter riparian vegetation at the downstream reach than the upper reaches. An

example of riparian vegetation along the river is shown as in Figure 3.10.

Figure 3.10 The Mooi River in Sub-catchment-III (Downstream)

The slope of Reach-III is shown in Figure 3.11.
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Figure 3.11 Longitudinal profile of the Mooi River in Sub-catchment-Ill
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During the field visit as it was observed that the river bed has cobbles with stable river side

banks , the base value (nb) for each channel was taken from values contained in Table 2.2 for a

stable bed material channel condition with gravel size 2-64 mID. The adjustments were done

based on the observed channel condition and total values were estimated using the Cowan

(1956) method. The results are contained in Table 3.4.

hfi thffi'a e ougi ess coe icrent va ues or e reac es

Obstruction
Vegetation

Meanderi ng Final nReach. nb Irregularity Cross-Section
Cover

I 0.03 0.006 0.001 0 0.002 1.15 0.045

II 0.028 0.006 0.001 0 0.002 1.30 0.048

III 0.Q28 0.006 0.001 0 0.002 1.15 0.043

T bl 34 R hn

3.5 Analysis of Flow Data

The observed hydrograph data used in this study were downloaded from OWAF (2003) . The

break point digitised data (primary data), which have varying time steps , were converted to a

constant time step using a program developed by Smithers (2003) . The time step chosen was

sufficiently small so that the assumption of flow rate linearity over the time interval was

approximately satisfied. Both small and large flood events were chosen to ensure that various

flow conditions were included in the analyses.

Flow records for the three selected reaches in Sub-catchments-I, II and III are shown in

Figures 3.12, 3.13 and 3.14.
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Figure 3.14 Observed inflows and outflows of Reach-III

The rating curves of the selected reaches are shown in Figures 3.15 to 3.17.
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Figure 3.15 Observed rating curve at gauging station VIH038 (after DWAF, 2003)
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Figure 3.17 Observed rating curve at gauging station V2H004 (after OWAF, 2003)

From an inspection of the flow data, it was evident that some of the observed hydrographs had

unrealistic records. The errors might be due to technical problems or incorrect data

acquisition. For example, some of the events have earlier peaks at down stream reaches and

some events have exceptionally high peak: values, which are much larger than the other peaks

at the gauge. Hence, the quality of data should be assessed before selecting events for flood

routing analyses. The errors in some of the events can be clearly seen when a single event

hydrograph is extracted and considered in large-scale as shown in Figure 3.18. It can be
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suggested that the apparent error shown in Figure 3.18 may be due to incorrect digitisation of

a pen reversal on the autographically recorded chart.
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Figure 3.18 Example ofpoor data in Reach-I

Considering representative event sizes such as small, medium and large events, event selection

was made. The selected events for all reaches are shown in Figures 3.19 to 3.26. Events

selected from Reach-I are shown in Figures 3.19 to 3.20.
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Figure 3.19 Events-l and 2 selected from Reach-I
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Figure 3.20 Event-3 selected from Reach-I

Selected events from Reach-Il are shown in Figures 3.21 to 3.25 .
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Figure 3.24 Event-4 selected from Reach-II

Selected events from Reach-III are shown in Figures 3.25 to 3.26.
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Figure 3.25 Events-l and 2 selected from Reach-III
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Figure 3.26 Event-3 and 4 selected from Reach-III

In this chapter the selection of river reaches, gauging sites and flood events have been made.

In the next chapter, the methodology of the analyses applied to estimate K and X parameters

in ungauged catchments is detailed.
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4. METHODOLOGY

This chapter describes the methodologies utilised in the selection and analyses of stream flow

data as well as the flood routing methods applied to selected events. The Muskingum K and X

parameters were calibrated from observed inflow and outflow hydrographs using the

Muskingum (M-Cal) and the Three-parameter Muskingum matrix (M-Ma) methods. At

ungauged sites the Muskingurn-Cunge equation was used, with flow variables estimated using

both an empirical (MC-E) approach and by an assumed cross-section (MC-X) approach. The

computed outflow hydrographs were compared statistically and graphically with the observed

hydrographs. The methodology is detailed as follows:

(i) For selected sub-catchments, observed events were selected and the outflow

hydrographs computed using calibrated Muskingum K and X parameters (M-Cal) as

well as the Three-parameter Muskingum method (M-Ma). The computed hydrographs

were compared to the observed hydrographs to assess the performance of the

Muskingum method with calibrated parameters.

(ii) The Muskingum K and X parameters were estimated for each reach on the basis of

empirically determined flow characteristics such as flow top width (W), wetted

perimeter (P), flow depth (Y), hydraulic radius (R) and average velocity (Yav) (Section

4.2.1). The method is referred to as MC-E.

(i) The Muskingum K and X parameters were estimated for each reach on the basis of

assumed channel cross-sectional dimensions, as observed in the field , such as

maximum flow depth (y) and maximum flow top width (W) (Section 4.2.2). The

method is referred to as MC-X.

(ii) The computed hydrographs were compared to the observed hydrographs by statistical

as well as visual analyses with regard to flood volume, peak flow magnitude and

timing as well as hydrograph shape (Section 4.3).
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(iii) Sensitivity analyses to different catchment variables such as routing reach length (~L),

routing time step [At), Manning roughness coefficient (n), channel geometry, river

slope (S) and Muskingum K and X parameters were performed (Section 4.3).

The details of the calculation steps are explained in the following sections.

4.1 Flood Routing Using Observed Inflow and Outflow

The Muskingum K and X parameters were calibrated from observed inflow and outflow

hydrographs using the Muskingum-Cunge calibrated (M-Cal) and the Three-parameter

Muskingum (M-Ma) methods. The detail of the procedure is discussed in Sections 4.1.1 and

4.1.2.

4.1.1 The M-Cal method

In the Muskingum method of flood routing, the river reach may be divided into sub-reaches

(Section 2.2) and , according to the US Army Corps of Engineers (1994a), a general rule of

thumb is that the computation interval should be less than 1/5 of the time of rise of the inflow

hydrograph. This was used as an initial estimate of the routing time interval. Viessman et al.

(1989) and Fread (1993) noted that the routing time interval ~t is frequently assigned any

convenient value between the limits of (K/3) ::;; ~t ::;; K .

The Muskingum parameter (K) in Equation 2.9, which is equivalent to the wave travel time in

the reach, may be estimated by the lag between the peak of inflow and outflow hydrographs,

as shown in Figure 4.1.

The number of sub-reaches was determined by dividing the estimated total travel time (K) by

routing time interval [At),
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Figure 4.1 Estimation ofMuskingum K parameter from observed hydrographs

Hence, the celerity may be estimated by substituting the value ofK in Equation 2.9 as:

V w
AL

K
(4.1)

where

Vw = celerity [m.s"],

K = wave travel time [s], and

AL= reach length [m].

Alternatively, the celerity may be estimated from the average velocity, using Equation 4.2 and

Table 4.1, for an assumed parabolic cross-section.

(4.2)

Rearranging Equation 4.2, the average flow velocity for a parabolic cross-section can be

calculated as:

(4.3)
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where

Vav = average velocity [m.s"].

Table 4.1 Estimation of celerity for various channel shapes (Viessrnan et al., 1989)

Channel shape Manning equations Chezy equation

Wide rectangular 5/3 v; 3/2 v;

Triangular 4/3 v; 5/4 v;

Parabolic 1119 v; 7/6Yav

The average velocity calculated from Equation 4.3 was used to calculate cross-sectional flow

area for a reference flow, computed as shown in Equation 4.4.

From Equation 2.11 (Section 2.2) the reference flow is estimated as:

where

Qo= reference flow [m3.s ·1
] ,

Qb = minimum discharge [m3.s· I
] , and

Qp= peak discharge [m'.s'],

Using the continuity equation (Chow, 1959; Linsley et al ., 1988; KenBohuslay, 2004 ) the

cross-sectional area of flow obtained from Equation 4.4 is as follows:

where

A = cross-sectional area [m2
] .

(4.4)

In a channel where top flow width (W) exceeds mean flow depth by a factor of 20, the mean

flow depth (d) can approximate the hydraulic radius (R) (Barfield et al ., 1981 cited in

SAICEHS, 2001). The hydraulic radius approximated from hydraulic mean depth (d)

relationships for various cross-sectional shapes are shown in Table 4.2.
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Table 4.2 Hydraulic mean depth (after Chow, 1959 and Koegelenberg et al., 1997)

Cross-section Hydraulic mean deptb (d)

Parabolic section (213) y

Rectangular y

Triangular O.5y

In this study and based on field observations, a parabolic cross section was assumed for all

reaches.

The mean flow depth (d) for a parabolic cross-section is given by:

2
d=-y

3

where

d = mean flow depth [m], and

y = flow depth [m).

The hydraulic radius can thus be estimated from Equation 4.5b:

(4.5a)

where

2
R=-y

3
where top flow width> 20y (4.5b)

R = hydraulic radius for parabolic section [m).

The depth of flow was taken from rating curves shown in Figures 3.15 to 3.17.

The slope of the river reach was estimated from the OEM used by Agro hydrology and­

Climatology Atlas of South Africa (Schulze et al., 1997). The base roughness value (fib) was

estimated from values contained in Table 2.2 (Section 2.9.3) and based on field observations.

The corrections for base roughness value for a particular site were taken from Table 2.3

(Section 2.9.3). Assuming a constant river cross-section along the river reach, the area (A) and

the hydraulic radius (R) can be used to calculate the wetted perimeter (P) as shown in

Equation 4.6:
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where

p=A
R

p = wetted perimeter [m].

(4.6)

The formulae for geometrical cross-sectional area of various channels are illustrated in Table

A.l in Appendix A. The top flow width (W) for a parabolic river cross-sectional area may be

estimated as shown in Equation 4.7 (Chow, 1959; Koegelenberg et al.• 1997):

where

W=3A
2y

A = cross-sectional area [m2], and

y = depth offlow [m].

(4.7)

The Muskingum X parameter was calibrated by minimising the error between the peak

discharge of the observed and computed hydrographs.

After the Muskingum K (Figure 4.1) and X parameters were calibrated, the routing

coefficients were estimated using Equations 2.6a, 2.6b and 2.6c (Section 2.1) .

As suggested by Viessman et al. (1989) , negative values of C1 must be avoided. Negative

values of C2 do not affect the routed hydrographs. The negative values of C\ can be avoided

by satisfying Equation 2.7 (Section 2.1) , which is repeated below:

L1t > 2X
K

After the X parameter was determined, the routing time interval was adjusted using

relationship given in Figure 2.3 (Section 2.1) (Cunge, 1969; cited by NERC, 1975).

Since Q., It and It+\ are known for a given time increment, Qt+\ is computed using Equation

2.13 (Section 2.2) and repeated for successive time increments to estimate the outflow

hydrograph. The lateral inflow per unit length (q) for longer river reaches was estimated using
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Equation 2.l5d (Section 2.2) and added to the computed outflow. It was assumed that the

inflow was estimated from a single upstream catchment.

From the continuity equation,

Q =AVw

where

Q = discharge [m3.s-1
] ,

A = area [m2
] , and

V w = celerity [m.s"].

The area term in Equation 2.l5d can be substituted by discharge as shown in the following

Equation 4.8 (Fread, 1998).

(4.8)

The value of 13 is between 0.5-1 (Fread, 1998). Based on the results obtained, a value of 0.7

was used in this study for Reach-Il and Reach-III.

Flow characteristics such as the magnitude and timing of peak: flow, hydrograph shapes and

flow volume were compared statistically against the observed events. Using this M-Cal

method, the K and X parameters were calibrated for each event analysed.

The Three-parameter Muskingum estimation method (M-Ma) outlined in Section 2.3 was also

applied.
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4.1.2 The M-Ma method

The K, X and a. parameters were estimated using the M-Ma method by treating the entire

reach as single reach. The three coefficients (d!, d2 and d3) in Equation 2.20 were estimated

directly using the matrix method. After the primary flow data were reformatted into ftxed time

steps, the matrix inversion was performed, for each selected event, using the SPSS (Version

11.0.1) statistical software package to perform the matrix inversion (SPSSll , 2003).

Using the routing coefficients (d!, d2 and d3) obtained directly from the matrix computation,

and since It and It+1 are known for every time increment, routing is accomplished by solving

Equation 2.5 (Section 2.1) for successive time increments.

The three Cjcoefficients in Equation 2.5 (Section 2.1) can be derived from the d, coefficient of

Equations 2.20a, 2.20b and 2.20c as indicated in Section 2.3. Computations were used to

calculate the K, X and a. parameters numerically from Equations 2.21a, 2.21b and 2.21c

(Section 2.3).

4.2 Flood Routing in Ungauged River Reaches

When routing in ungauged catchments, the parameters of the model have to be estimated

without observed hydrographs. Inflow hydrographs to downstream catchments can be

simulated using a hydrological model such as the ACRU model (Schulze, 1995). For this

study, the observed inflow hydrographs to the reaches are used.

4.2.1 The MC-E method

In ungauged catchments, where observed inflow and outflow hydrographs are not available,

and a methodology to estimate inflow and outflow hydrographs has to be derived. As Angus

(1987) noted, it is possible to estimate runoff from rainfall using the ACRU distributed model.

Hence, the inflow hydrographs for ungauged catchments may be simulated using a

hydrological model. The depth of flow and discharge can be derived from empirical

relationships recommended by the US Reclamation Service (Chow, 1959), or other flow

regime theories suited to rivers with similar characteristics (Section 2.8). Hence, the

60



Muskingum K and X parameters can be estimated in ungauged river reaches using inflow

hydrographs and channel dimensions, which are estimated empirically. In this method , the

observed primary flow data obtained from the Department of Water Affairs and Forestry

(DWAF) and empirically estimated channel variables are used for the estimation of the

Muskingum K and X parameters.

The Muskingum K parameter is estimated from Equation 2.9 as follows (Section 2.2):

K = ~L
V w

For a parabolic cross-section, the celerity (Vw) may be estimated from Table 4.1 as follows:

The average velocity (Vay) is calculated from the Manning Equation 2.32b as follows (Chow,

1959):

1 2/
V =-R/ 3 'S

av "':::ln

The hydraulic radius (R) is estimated from Table 4.2 once the flow depth (y) has been

estimated from empirical relationships shown in Equation 2.31b.

From Manning's Equation, a section factor , as shown in Equation 2.32a (Section 2.8) can be

calculated as (Chow, 1959):

From Equation 2.11 (Section 2.2) the reference flow is estimated as:

Q 0 = Q b + 0.5 (Q p - Q b )
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Since the reference flow, Qo, roughness coefficient (n) and slope (S) are known for the river

reach and events under consideration, the unknown variables in Equation 2.32a (Section 2.8)

have to be estimated by known variables using either empirical rules that relate discharge and

depth, slope or by using charts that relate section factor to depth of flow (Chow, 1959). The

chart is shown in Figure A.l in Appendix A.

Equation 2.31b relates the wetted perimeter with discharge for natural rivers as follows

(Section 2.8):

where

P=4.71J(io for stable river channels

P = wetted perimeter [m], and

Qo= reference flow [m3.s- I
] .

The hydraulic radius (R) and hydraulic mean depth (d) can be assumed to be equal when the

top flow width exceeded mean flow depth by a factor of 20 (Section 4.1). From the flow area

equations contained in Table A.I (Appendix A), it is evident that for a parabolic section the

wetted perimeter (P) can be assumed to be equal to the top flow width (W). Hence, top flow

width (W) is substituted by wetted perimeter (P) as shown for a parabolic channel Equation

4.9

When the hydraulic radius is equated with the mean hydraulic depth, then from Table A.l

(Appendix A), width (W) and perimeter (P) can be proved to be equal for a parabolic equation

as follows:

The area of a parabolic section is computed as:

A=2yW
3

For wide parabolic channels, the hydraulic radius may be estimated as:
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The wetted perimeter is computed as:

p =A
R

Substituting Equations 4.9a and 4.9b into Equation 4.9c result in:

Equation 4.9d can then be substituted in the following equation as:

Then, solving for y in Equation 4.ge , the flow depth (y) may be estimated as:

(4.9c)

(4.9d)

(4.ge)

(4.10)

For the MC-E method, Equation 4.10 was used to estimate the depth of flow in ungauged

catchments in order to estimate the Muskingum K and X parameters.

A representative slope of the river reach may be estimated from the river profile as shown in

Section 3.4.

The roughness coefficient (n), slope (S) and hydraulic radius (R) can be substituted in the

Manning Equation 2.32b to estimate the average velocity (Yav).
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The average velocity (Yav) is substituted in Equation 4.2 to calculate celerity (Yw) and then the

celerity term substituted into Equation 2.9 (Section 2.2) to calculate the Muskingum K

parameter.

The average velocity is calculated from Equation 2.32b. Manning's equation is used to

calculate celerity and flow area of the reference flow (Chow, 1959; Linsley et al., 1988;

KenBohuslay, 2004), or the area of flow can be estimated using the geometrical parameters as

shown in the following equation for a parabolic section:

where

A = 2yP
3

A = cross-sectional area [m2
] ,

P = wetted perimeter (From Equation 2.29) [m], and

y = depth of flow [m].

(4.11)

From Equation 4.9d, the wetted perimeter (P) and top flow width (W) are assumed to be equal.

The top flow width (W), reference flow (Qo), river slope (S), celerity (Yw) and sub-reach

length (~L) are substituted in Equations 2.9 and 2.10 (Section 2.2) to estimate the Muskingum

K and X parameters as follows:

In this method, Equation 4.10 was used to estimate the channel flow depth .
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4.2.2 The MC-X method

Another method of estimating flow depth in ungauged catchments is by developing a rating

curve for an assumed section in the reaches (Smithers and Caldecott, 1995). Hence, flood

routing can be applied using selected channel cross-sections. For the selected channel cross­

section observed in the field, a rating curve was developed based on the maximum width and

depth relationships.

The assumed cross-section is divided into incremental cross-sectional depths and the

corresponding cumulative area is calculated from geometrical properties of a parabolic

channel shape, as shown in Table A.l (Appendix A). The parabolic shape is used to illustrate

the calculation steps.

Assuming a linear relationship between width and depth of the river section, for each given

depth , a corresponding top width can be proportioned from the observed maximum depth and

width ratio contained in Table 3.2 (Section 3.4) as 'follows :

where

W
W,= ~y,

I YMax I

Yi = given depth [m],

Wi = top width [m],

WMax = maximum top width [m] from Table 3.2, and

YMax = maximum depth [m] from Table 3.2.

(4.12)

The wetted perimeter for each sub-section is calculated from geometrical equations as

contained in Table A.I (Appendix A). The parabolic section is used as example for showing

the calculations:

where

8y .
P. = W ,+--'

I I 3W ,
I

Pi = wetted perimeter for given sub-section [m],

Wi = top width for sub-sections [m], and
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Yi = given depth for sub-section [m].

The flow area can be estimated from the continuity equation or geometrical properties for a

parabolic shape illustrated in Table A.l (Appendix A).

A = 2Wy
3

where

A = flow area [m2
] ,

W = top flow width [m], and

y = flow depth [m].

The hydraulic radius is computed from the wetted perimeter and cumulative area as follows:

R = ~
p

(4.14)

Then , the corresponding cumulative discharge is calculated from the Manning equation as

follows :

(4.15)

where

A = area [m2
] , and

Q = discharge [m3.s·I
] .

Since the roughness coefficients (n), hydraulic radius (R), flow area (A) and slope (S) of each

reach is known , the discharge can be calculated from Equation 4.15 . Thus from the derived

rating curve, the depth of flow can be estimated for a given discharge and the corresponding

width and wave celerity can be computed using Equation 4.12 and Table 4.1 respectively.

Equations 2.9 and 2.10 are then used to estimate the K and X parameters.
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4.3 Model Performance and Sensitivity

It is generally accepted that the output of a hydrological simulation model will not be identical

in every aspect to the real system it proposes to represent. However, it is required that the

output be sufficiently close to the real system so that the model may be considered to be an

acceptable model (Green and Stephenson, 1985).

As suggested by Green and Stephenson (1985), in order to compare a model output to the

observed data, criteria for making such a comparison must first be identified. Visual

comparison by plotting simulated and observed hydrographs provides a valuable means of

assessing the accuracy of the model output. However, visual comparisons usually tend to be

subjective and need additional statistical analysis. To overcome these difficulties, as well as to

highlight certain model peculiarities, statistical goodness-of-fit procedures can be employed.

Although the reliability of a hydrological simulation model depends on the quality of input

data provided, the accuracy of simulated hydrographs should be assessed by comparing the

computed hydrographs against the observed hydrographs (Caldecott, 1989). In addition, the

reliability of a runoff estimate made for an ungauged catchment is a function of the reliability

of the flood runoff model, the type of the predictive equations and their parameters and

coefficients as well as the wisdom and experience of the analyst (US Army Corps of

Engineers, 1994a). Hence, the difference in the observed and computed hydrograph are

analysed statistically by means of Root-Mean-Square Error (RMSE) and goodness-of-fit

statistics. A statistical goodness-of-fit procedure implies a procedure employed to measure the

deviation of simulated output from the observed input data set (Green and Stephenson, 1985).

Even though numerous goodness-of-fit criteria for assessing the accuracy of simulated output

have been proposed, particular aspects may give more weight to certain output interests

(Green and Stephenson, 1985). Hence, different goodness-of-fit statistics should be applied to

assess different hydrograph components such as flood volume, hydrograph shape, peak flow

magnitude and timing. Since, an objective of this research is to compute hydrographs in

ungauged reaches, the criteria for assessments were selected as described below.
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Equation 4.16 was used to estimate the actual errors in the computed hydrographs. RMSE

computes the magnitude of error in the computed hydrographs (Schulze et al., 1995).

where

RMSE=

n

L (Qcomp - QobY
j-n

n
i = 1, 2, 3. . ., n (4.16)

RMSE = Root-Mean-Square Error [m3.s-1 per event],

Qcomp = computed outflow [m3.s-I
] , and

Qobs = observed outflow [m3.s-I
] .

As peak outflow is important in a single event model, a comparison of computed and observed

peak flow rates, peak timing and volume were computed as shown in Equation 4.17 (Green

and Stephenson, 1985) :

where

£peak = peak flow error [%],

Qp-comp = computed peak flows [m3.s·1
] , and

Qp-obs = observed peak flows [m3.s· l
).

t - t
Etime = pocon", p-obs 100

tp-obs

where

Erime = peak time error,

tp-comp = time when Qeomp occurs [s], and

tp-obs = time when Qobs occurs [s).

_ Vcomp- Vobs
Evolume - 100

Vobs

where

£Volume = peak volume error [%],

Veomp = computed total volume [m3
] , and

68

(4. 17a)

(4.17b)

(4.17c)



Vobs = observed total volume [m3
].

Even though the RMSE, Epw, Etime and Evolume statistics may appear to be reasonable, the

shapes of the respective hydrographs may be different. Nash and Sutcliffe (1970, cited by

Green and Stephenson, 1985) proposed a dimensionless coefficient of model efficiency (E).

The computed hydrograph is a better fit to the observed hydrograph when the coefficient of

model efficiency (E) approaches 1 (Green and Stephenson, 1985). Hence, the hydrograph

shape comparison was estimated as follows:

(4.18)

where
,

F
2 =I [Qobs(t)-Qcomp(t)r '

i=l

n 2

F; =~]QObs. (t)-Qml ,
i=l

Qm= mean of the observed flows [rrr'.s"] , and

n = number of data values.

In addition to the limitations of the Muskingum-Cunge method, uncertainties in estimation of

catchment parameters such as reach slope, roughness coefficients and geometry of the channel

are expected to affect the simulated hydrographs. Therefore, in addition to the results from the

application of the methodology discussed in this chapter, sensitivity analysis of catchment

parameters such as roughness coefficients, reach slope and reach geometry are contained in

Chapter 5.
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5. RESULTS

The results of applying the methodology outlined in Chapter 4 are contained in this chapter

and include both results using calibrated parameters, to assess the performance of the

Muskingum method, and results from using the Muskingum-Cunge method, to assess the

performance of the method in ungauged catchments.

5.1 Flood Routing Using Observed Inflow and Outflow Hydrographs

Flood routing using calibrated parameters was undertaken and events that had good inflow and

outflow hydrographs were considered for further sensitivity analysis. Single observed events

were extracted from each sub-catchment, as detailed in Section 4.3 . The extracted hydrographs

were analysed using the M-Cal and M-Ma parameter estimation methods. The details of the

results and plotted hydrographs are contained in the following sub-sections.

5.1.1 Reach-I

The estimated catchment characteristics and parameters for Reach-I are contained in Tables

5.1 to 5.3.

thf R hIa e stimat parameters or eac - usmg e M-Ca method
Reac h Event dL lm l dt lsi A lm21 0 0 Im3.s·11 KIst X Co C. C2

I 2045 1800 65.90 61.26 1800 0.00 0.33 0.33 0.33
I 2 2045 2520 82.21 54.58 2520 0.00 0.33 0.33 0.33

3 4090 1800 35.73 66.43 1800 0.00 0.33 0.33 0.33

T bl 5 IE· ed

thtl R hIa e stunate parameters or eac - usmg e M-Ma method
A Qo

Reach Event dLlm) dt Is) K Is) X Co CI C2 a
1m2

) Im3.s·l
)

I 4090 1800 65.90 61.26 4895 -0.26 -0.06 0.31 0.75 -0.07
I 2 4090 2520 82.21 54.58 3700 -0.02 0.23 0.27 0.50 -0.12

3 4090 1800 35.73 66.43 2748 -0.33 0.00 0.40 0.60 -0.03

T bl 52 E' d

70



The computed and observed hydrographs from the application of the M-Cal and M-Ma

methods for events in Reach-I are shown in Figures 5.1 to 5.3.
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11/17/87 0:00

--Obs. Inflow --Obs. Outflow .... . CompoOutflow, M-Cal --CompoOutflow, M-Ma

Figure 5.1 Observed and computed hydrographs of Event-l in Reach-I
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Time(h}
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Figure 5.2 Observed and computed hydrographs of Event-2 in Reach-I
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Figure 5.3 Observed and computed hydrographs ofEvent-3 in Reach-I

The results from using the M-Cal and M-Ma parameter est imation methods for Reach-I are

contained in Tables 5.3 to 5.4.

th MCI thda e esu s or eac - usmg e - a me 0

Obs Comp Peak Peak
Obs Comp Volume

Peak Peak flow timing RMSE
Reach Events

Im3.s·l
]

E Volume Volume Error
flow flow Error Error

Im3.s·l
] Im3.s·l

] 1%] 1%]
Imcm] [mcm] 1%]

1 105.70 111.07 5.08 -1.59 3.34 0.98 12.63 13.44 6.44
I 2 83.67 94.27 12.67 -5.47 6.42 0.92 4.88 5.49 12.58

3 122.79 125.54 2.24 -5.00 3.80 0.98 10.72 11.00 2.61

T bl 5 3 R lt f R h I

mcm = mill ion cubic meter

h dth MMa e esu s or eac - usm~ e - a met 0

Obs Comp Peak Peak
RMS E Obs Comp Volume

Peak Peak flow timing
Reach Events Im3.s·l

] E Volume Volume Error
outflow Outflow Error Error

Im3.s·l
] Im3.s·l

] 1%] 1%]
[mcm] [mcm] 1%]

1 103.20 100.00 -3.10 1.59 1.69 0.99 12.63 12.57 0.52
I 2 83.60 82.33 -1.52 0.00 2.37 1.00 4.88 4.84 0.81

3 122.40 114.79 -6.22 0.00 2.97 0.99 10.72 10.62 0.96

T bl 5 4 R lt f R h I
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From the analyses of events using the M-Cal and the M-Ma method shown in Tables 5.1 to

5.4, it is noted that the methods have different K and X values. The K parameter in the M-Cal

and the M-Ma methods are different. The K parameters from the M-Ma method are for the

whole reach, but the K parameters from the M-Cal method are for the sub-routing reaches

(~L). The X values are negative in the M-Ma method. As noted by O'Donnell et aJ. (1988),

the calibration procedure requires many events to be analysed to define the most appropriate X

value for the selected reach. Since the M-Ma method cannot be applied in ungauged

catchments as it requires observed inflow and outflow hydrographs, it is not necessary to

analyse many events for the assessment ofM-Ma method in the present study.

From the results for the M-Cal method for Reach-I, contained in Table 5.3, the computed peak

outflow is larger than the observed peak discharge for all three events considered. This may be

explained by the fact that the M-Cal equation does not consider any lateral outflows which

might happen due to infiltration and activities such as irrigation or diversion for other

purposes. In addition, incorrect estimation of the slope may have an effect, which in turn

affects the computation of the outflow hydrographs.

The negative a value shown in Table 5.2 indicates that there is no lateral inflow but that there

are outflows from the main reach . Both methods have small RMSE values and E values that

are nearly equal to I, which indicates a small error in the computed hydrographs and similar

shape of observed and computed hydrographs.

For the M-Ma method (Table 5.4 and Figure 5.1), the computed outflow hydrographs are very

similar to the observed outflow hydrograph except having a lower peak in Event I and 3. This

may be explained by the calibration of parameters directly from the inflow and observed

outflow hydrographs in the M-Ma method.

Although the K and X parameters are different in both the M-Cal and the M-Ma methods, the

computed hydrographs are similar to the observed hydrograph in terms of peak flow, peak

flow time, volumes and shapes of the hydrographs. The negative values of peak flow error,

peak timing error and volume error indicates that the computed results are smaller than the

observed values. The RMSE values obtained from the analyses indicates that the error are

small . The X values in M-Cal method is 0.0 indicates that storage is a function of only

outflow.
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From the results of both methods, it can be concluded that the Muskingum method, with

calibrated parameters, results in computed hydrographs in Reach-I which have reasonably

similar volume and shape compared to the observed hydrographs. Of the two methods, and

based on the E and volume error statistic, it evident that the M-Ma performed slightly better

than the M-Cal method.

5.1.2 Reach-II

The catchment characteristics and parameters estimated for Reach-II are contained in Tables

5.5 to 5.8.

hodth M C Iti R hIIda e snmate oarameters or eac - using e - a met

Reach Event ~Llml ~t lsi A Im21 Qo Im3.s·'1 K lsi X Co C. C2

1 7777 5400 23. 18 27.32 5400 0.49 0.98 0.01 0.01

II 2 7777 5400 26.64 3 1.39 5400 0.49 0.98 0.01 0.01

3 7777 5400 20.50 30.26 5400 0.49 0.98 0.01 0.01

4 7777 5400 22.10 26.04 5400 0.49 0.98 0.01 0.01

T bl 55 E

a e stnnat parameters or Reach-II using the M-Ma method

Reach Event ~L [m] ~t Is)
A Qo K Is) X Co C, C21m2

) Im3.s·') a

I 54440 5400 23.18 27.32 59090 0.16 0.23 -0.13 0.90 0.20

II
2 54440 5400 26.64 31.39 99491 0.23 0.32 -0.25 0.93 0.04

3 54440 5400 20.50 30.26 32400 -0.37 -0.20 0.31 0.89 0.20
4 54440 5400 22.10 26.04 9200 -4.09 -0.71 0.81 0.89 -0.06

T bl 56 E· ed

The computed and observed hydrographs for events in Reach-Il using both the M-Cal and the

M-Ma method are shown in Figures 5.4 to 5.7.
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Figure 5.4 Observed and computed hydrographs of Event-l in Reach-II

6Or----------------------------------,

~ --- - - - - - ------ ----------------

~ -- - - - - - - - - - - - - - - - --- --- - --
"!

"".s
" 30
~
~
<5

20

10

121281600:0012125/600:0012122160 0:0012119/600:0012116/600:00

0 '-. -------,------ .....,- .....,- -!
12113/600:00

Time(h)

--Obs. Inflow --Obs. Outflow . .• -. CompoOutflow, M-eal --Compo Outflow, M-Ma

Figure 5.5 Observed and computed hydrographs ofEvent-2 in Reach-II
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Figure 5.6 Observed and computed hydrographs of Event-3 in Reach-II
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Figure 5.7 Observed and computed hydrographs of Event-4 in Reach-II

The results of flood routing analyses for Reach-II using the M-Cal method and the M-Ma

method are contained in Tables 5.7 and 5.8.
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Table 5.7 Results for Reach-IT using the M-Cal method

Obs Comp Peak Peak
RMSE Obs Comp Volume

Peak Peak flow timing
Im3.s·l

)Reach Event E Volume Volume Error
outflow outflow Error Error

Im3.s01
) Im3.solJ [mcm] Imcm) 1%)

I%J I%J

I 51.25 47.98 -6.38 3.30 4.39 0.88 13.63 12.39 -9.08

II 2 55.52 51.85 -6.61 1.03 7.07 0.83 18.54 20.57 10.96
3 64.22 55.53 -13.53 -2.87 10.50 0.65 19.87 15.45 -22.24
4 55.40 51.87 -6.36 1.60 2.24 0.97 14.39 13.74 -4.52

thdth MMhITTable 5.8 Results orReac - usm e - ame 0

Obs
Comp

Peak Peak
Obs Comp Volume

Peak flow timing RMSE
Reach Event Peak E Volume Volume Error

outflow
Im3.s

0IJ Error Error Im3.s·IJ
[mem] ImcmJ I%JIm3.s·11 WeJ I%J

I 51.25 44.67 -12.83 0.00 3.66 0.91 13.63 14.85 8.97
2 55.52 44.85 -19.23 1.03 1.56 0.99 18.54 20.95 13.01II

58.96 -8.19 0.00 5.93 0.89 19.87 18.893 64.22 -4.92
4 55.40 44.86 -19.03 1.60 5.14 0.84 14.39 12.91 -10.24

In Reach-IT there is lateral inflow as a result of the length of the reach. Hence, the computation

of the hydrographs includes the addition of lateral inflow into the main stream.

The volume errors are greater than 5% for Events 1, 2 and 3 using the M-Cal method.

Similarly, the volume errors for Events I, 2 and 4 are greater than 5% using the M-Ma

method. Based on the hydrographs, RMSE and E values, it is evident that the shape of the

computed hydrographs are similar to the observed outflow hydrographs for both methods.

Although the K and X parameters are different in both methods, the computed hydrographs

are similar to the observed outflow hydrographs in terms of peak flow, peak flow time,

volume and shape of the hydrographs. The value ofX = 0.49 indicates that the equal weight is

given to inflow and outflow hydrographs in the routing procedure.

77



5.1.3 Reach-III

The estimated catchment characteristics and parameters for Reach-III are contained in Tables

5.9 and 5.10.

h dh M C Iti R hIlIa e 5.9 Estimate parameters or eac - using t e - a met 0

Reach Event dL(ml M (5] A [nr'] Qo (mJ.s' l
] K (5] X Co C I C2

1 4000 9000 50.85 18.49 9000 0.49 0.98 0.01 0.01

1lI 2 4000 9000 43.40 26.31 9000 0.49 0.98 0.01 0.01
3 10000 9000 24.30 22.09 9000 0.50 1.00 0.00 0.00
4 10000 9000 13.08 11.89 9000 0.39 0.80 0.10 0.10

T bl d

h dhMMti R hIlIa e stimate parameters or eac - using t e - a met 0

Reach Event d L [ml M (51 A (m2
] Qo (m3.s· l

] K (5] X Co C I C2 a

1 20000 9000 50.85 18.49 5462 0.1 0.22 ·0.04 0.83 0.09

2 20000 9000 43.40 26.31 5291 0.3 0.60 -0.36 0.77 0.00
1lI

1857 0.53 20000 9000 24.30 22.09 1.09 ·0.41 0.32 -0.05

4 20000 9000 13.08 11.89 2625 0.4 0.81 -0.34 0.54 -0.09

T bl 510 E ' d

The computed and observed hydrographs for events in Reach-III using both the M-Cal and the

M-Ma method are shown in Figures 5.8 to 5.11.
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Figure 5.8 Observed and computed hydrographs of Event-l in Reach-III
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Figure 5.9 Observed and computed hydrographs ofEvent-2 in Reach-III
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Figure 5.10 Observed and computed hydrographs of Event-3 in Reach-III
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Figure 5.11 Observed and computed hydrographs of Event-4 in Reach-III

The results of flood routing analysis using the M-Cal and M-Ma methods in Reach-III are

contained in Tables 5.11 and 5.12 following.

h MC I th da e .1 esu ts or eac - usmz t e - a me 0

Obs Comp Peak Peak
Obs Comp Volume

Peak Peak flow timing RMSE
Reaeh Event

[m3. s-l
]

E Volume Volume Er ror
outflow outflow Error Error

[m3. s-l
] [m3.s-l

] [%] [%]
[mem] [mem] [%]

I 40.65 39.40 -3.07 2.38 2.75 0.90 10.34 9.62 -6.97

1II 2 52.97 43.74 -17.41 0.00 4.14 0.82 11.08 11.56 4.36
3 39.64 39.54 -0.27 0.00 1.69 0.96 8.72 9.45 8.37
4 19.97 19.92 -0.26 0.00 0.99 0.91 5.67 6.36 12.31

T bl SIR I ti R h III

h M M th da e esu ts or eac - using t e - arne 0

Obs
Comp

Peak Peak
Obs CompPeak flow timin g RMSE Volume

Reaeh Event
outflow Peak

Error Error E Volume Volume Error

[m3.s-l
]

[m3.s-l
]

[%] [%]
[m3.s-l

] [mem] [mem] [%]

I 40.65 29.61 -27.15 2.38 2.97 0.89 10.34 10.5 1.05

III
2 52.97 34.87 -34.17 4.35 4.59 0.78 11.08 11.4 2.92
3 39.64 35.64 -10.09 0.00 0.20 0.96 8.72 8.9 2.57
4 19.97 16.54 -17.18 0.00 0.85 0.93 5.67 5.8 2.41

T bl 5 12 R I f R h III
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Reach-III is 20 km long and lateral inflows are considered in the simulated hydrographs. A

significant decrease in the computed hydrographs of M-Ma method is observed this happens

when there is a large change in the observed inflow between time steps (~t) of the observed

inflow hydrograph, with no corresponding change in the observed outflow hydrograph. The

M-Ma method under performed in estimating peak flow of Event 1,2,3, and 4

In Reach-III, the statistics considered in Table 5.11 are generally less than 12% for the M-Cal

method, with the exception of the peak flow error for Event 2 and the error in volume for

Event 4. For the M-Ma method applied in Reach-III, the error in peak flows are generally

larger than 20% and less than 5% for all other statistics considered in Table 5.12.

5.1.4 Section conclusions

For the M-Cal method, the X values are generally close to 0.5. As noted in Section 2.8,

previous studies have shown that the X values for unconfmed, wide natural rivers to be close

to 0.0 and for natural rivers that are confmed with well defmed channels the X values are near

to 0.5. Therefore, the computed X parameters contained in Tables 5.1 to 5.10 for Reach-I and

Reach-II as well as Reach-III are acceptable.

From the analyses performed in the river reaches, it is noted that the computed hydrographs

using the M-Ma method provide a better fit to the observed outflow hydrographs than the

hydrographs computed using the M-Cal method, excluding the peak flow error observed in

Reach III. However, both methods produced acceptable results with errors of less than 30%

for most statistics considered. Both methods performed better for shorter reaches where the

effect oflateral inflow is not significant.

The addition of lateral inflow to the computed hydrographs was not sufficient to obtain the

observed peaks, but did result in outflow peak discharges, which were larger than the inflow

peak discharges, as evident in the observed data. This under simulation of lateral inflow may

be attributed to inflow water from other catchments. The lateral inflow addition considers only

the flows that are derived from the same rainfall event that resulted in the hydrographs.

However, in reality the tributaries that flow from other catchments also contribute to the

increase in the observed outflow hydrographs. In addition, as the length of a reach increases so
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does the possibility of tributary inflows increases. Hence, in long reaches the tributary flow

should be added separately.

Considering the linearity assumption and other catchment characteristics such as the

estimation of slope and Manning's roughness coefficient, it can be concluded from the results

obtained that the M-Cal and M-Ma methods performed with in acceptable limits. The M-Ma

method needs observed events to estimate the K and X parameters. The M-Ma method

estimates the hydrographs well when the observed hydrographs have uniformly increasing

data series. If the hydrograph has possible erroneous data among the other good data series,

then the M-Ma method fails to compute the peak discharge well, as shown in Reach-III.

Hence, the M-Ma method cannot be used in ungauged catchments. Since the Muskingum­

Cunge method estimates the K and X parameters from the catchment and flow characteristics,

it can be applied in ungauged catchments to estimate the K and X parameters.

5.2 Flood Routing in Ungauged Catchments

The outflow hydrographs for the selected events were computed using the Muskingurn-Cunge

method with both empirically estimated variables (MC-E) as well as variables estimated from

assumed cross-sections (MC-X) . The geometrical parameters of river reaches such as

roughness coefficients (n), top flow width (W), cross-section area (A), wetted perimeter (P)

and the hydraulic parameters such as celerity (Yw), average velocity (Yav), flow depth (y) were

computed based on the observations made in the field. As detailed in Section 3.2, the rating

curves for the MC-X method which were used to estimate the depths of reference flows (Qo)

in the routing procedure for each of the three reaches are shown in Figures 5.12, 5.13 and 5.14.
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Figure 5.14 Rating curve for Reach-III (developed)

5.2.1 Reach-I

The estimated catchment characteristics and parameters for Reach-I are contained in Tables

5.13 to 5.16 .

h dth CedhrblTa e 5.13 Hydrau IC 1 arameters or Reac -I estunat usmz eM -E met 0

Reach Event V•• [m.s"] V.. [m.s"] R[m) y [m] 8 )%J n

1 2.02 2.47 1.13 1.70 0.70 0.045

I 2 1.94 2.37 1.07 1.60 0.70 0.045

3 2.25 2.75 1.33 2.00 0.70 0.045

dh4H dr rT bla e 5.1 IYI au IC J: arameters or Reac -I estimate usmz the MC-X method

Reach Event V.. [m.s"] V.. [m.s"] R[mJ y 1m) 8[%) n

1 1.78 2.17 0.93 1.40 0.70 0.045
1 2 1.69 2.07 0.87 1.30 0.70 0.045

3 1.82 2.22 0.97 1.45 0.70 0.045
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th MC E th dIi R hIda e stimate parameters or eac - usmg e - me 0

Reach Event ~Llml ~t Is) A 1m2
) Wlm) Qo Im3. s·l

) Kisl X Co C I C2

I 2045 1800 30.3 1 26.74 61.26 828 0.47 0.96 0.38 -0.34

1 2 2045 2520 28.12 26.36 54.58 862 0.47 0.97 0.50 -0.47

3 4090 1800 29.49 22.12 66.43 1486 0.48 0.97 0.11 -0.08

T bl 5 15 E .

h MC X th df R hIda e stimate .parameters or eac - usmg t e - me 0

Reach Event ~L [ml ~t Is) A lm
21 Wlml Qo Im3.s·11 Klsi X Co C I C2

I 2045 1800 34.50 39.20 6 1.26 942 0.47 0.97 0.32 -0.29

1 2 2045 2520 32.30 36.40 54.58 990 0.47 0.97 0.44 -0.42

3 4090 1800 36.54 40.60 66.43 184 1 0.49 0.97 0.00 0.02

T b) 5 16 E .

The computed and observed hydrographs from the application of the MC-E and MC-X

methods for Reach-I are shown as Figure 5.15 to 5.17.
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Figure 5.15 Observed and computed hydrographs for Event- I in Reach-I
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Figure 5.17 Observed and computed hydrographs for Event-3 in Reach-I
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The results oftlood routing analyses using the MC-E and MC-X methods for Reach-I are

contained in Tables 5.17 and 5.18.

hI th MC E th dTable 5.17 Results for Reac - usIDe e - me 0

Obs Comp
Peak Peak Obs Comp

Peak Peak RMSE Volume
Reach Event Dow timi ng E Volume Volume

Error 1%1Outflow outflow
Error I%J Error I%J Im3.solJ

[mcm] ImcmJ
Im3.s-11 Im3.solJ

1 105.70 113.05 6.95 -1.59 4.27 0.96 12.63 13.46 6.55
1 2 83.67 105.59 26.20 -5.47 7.59 0.88 4.88 5.49 12.59

3 122.79 129.77 5.68 -5.00 4.27 0.98 10.72 11.01 2.64

th MC X th dbl 5 18 R I fl R h ITa e esu ts or eac - USIDe e - me 0

Obs
Comp

Peak Peak
RMSE Obs Comp

Peak Dow timing Volume
Reach Event

outfl ow
Peak

Error Error Im3.s
olJ E Volume Volume

Error I%J
Im3.s-IJ Im3.s-11

(o/".J I%J
ImcmJ ImcmJ

1 105.70 112.98 6.89 -1.59 4.14 0.96 12.63 13.46 6.53
I 2 83.67 105.45 26.04 -5.47 7.33 0.89 4.88 5.49 12.58

3 122.79 129.03 5.08 -5.00 3.92 0.98 10.72 11.00 2.61

The flow depths shown in Table 5.13, derived using empirical relationships, and in Table 5.14,

derived from an assumed cross-section, are similar. Hence the results from both methods show

similar computed outflow hydrographs. The K and X parameters of both methods are nearly

equal, showing no difference in the computed hydrographs.

As shown in Tables 5.17 and 5.18, Event 2 has a relatively large RMSE error and volume

error. The other events generally have acceptable statistical results and these results are similar

to those obtained using the calibrated methods (M-Cal and M-Ma).

From the result Table 5.18, it is evident that Event 3 has a small RMSE value, small volume

error and the coefficient of efficiency (E) is nearly equal to one. These results indicate a high

degree of correlation between the computed and observed hydrographs. Hence, Event 3 was

selected for sensitivity analyses from Reach-I, as detailed in Section 5.3.
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5.2.2 Reach-II

The estimated catchment characteristics and parameters for Reach-II are contained in Tables

5.19 to 5.22.

h dth MC ED R hITTable 5.19 Hydraulic parameters or eac - usmg e - met 0

Reach Event V•• [m.s"] V.. [m.s"] R[m] y [m] S [%] n

I 1.35 1.66 0.82 1.23 0.55 0.05

2 1.39 1.70 0.86 1.28 0.55 0.05
II

1.38 1.69 0.85 1.27 0.55 0.053

4 1.34 1.64 0.81 1.21 0.55 0.05

th MC X th dD R hITa e lY4 u IC parameters or eac - usmg e - me 0

Reach Event V•• [10.5.
1) V", [m.s"] R [m) y [m) S [%) n

I 1.40 1.72 0.87 1.30 0.55 0.05

2 1.48 1.80 0.93 1.40 0.55 0.05
II

0.93 1.40 0.55 0.053 1.48 1.80

4 1.51 1.85 0.97 1.45 0.55 0.05

T bl 5 20 H dra r

th MC E th dD R h IIa e sttmate parameters or eac - USlD~ e - me 0

Reach Event l\L [m) l\t [sl A [m21 W[m) QolmJ.s·'1 K [5) X Co C. C2

1 7777 5400 20.20 24.62 27.32 4698 0.49 0.99 0.08 -0.06

2 7777 5400 22.58 26.39 31.39 4569 0.49 0.99 0.09 -0.08
II

3 7777 5400 21.92 25.9 1 30.26 4603 0.49 0.99 0.09 -0.07

4 7777 5400 19.44 24.04 26.04 4743 0.49 0.99 0.07 -0.06

T bl 521 E· d

th MC X h dD R h IIa e sttrnat parameters or eac - ustng e - met 0
Reach Event l\L [m] l\t Is) A 1m2

) Wlm) Qo ImJ.s·I ) K Is) X Co C I C2

1 7777 5400 16.90 19.50 27.32 4531 0.49 0.98 0.10 ..{l.08

2 7777 5400 19.60 21.00 31.39 4312 0.49 0.98 0.12 -0.10
II

3 7777 5400 19.60 21.00 30.26 4312 0.49 0.98 0.12 ..{l.10

4 7777 5400 21.03 21.75 26.04 4213 0.49 0.99 0.13 -0.12

T bl 522 E · ed

The computed and observed hydrographs from the application of the MC-E and the MC-X

methods for Reach-II are shown in Figures 5.18 to 5.21.
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Figure 5.18 Observed and computed hydrographs of Event-1 in Reach-II
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Figure 5.19 Observed and computed hydrographs of Event-2 in Reach-II
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Figure 5.21 Observed and computed hydrographs of Event-4 in Reach-II

The results of flood routing analyses using the MC-E and the MC-X methods for Reach-II are

contained in Tables 5.23 and 5.24.
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th MC E thoda e esu ts or eac - usmg e - me

Obs Peak Peak
Obs Comp Volume

Comf
RMSE Volu Volum

Reach Event Peak Peak (m .S·I) Flow timing
[m3.s-l l

E Error
outflow (m3.s·l

) Error (%) IError ('Yo]
me e

(%)
mcm I(mcm]

1 51.25 47.87 -6.60 1.65 4.52 0.87 13.63 12.36 -9.31

2 55.52 51.69 -6.90 0.00 7.40 0.82 18.54 20.70 11.68
11

57.22 -10.89 0.00 8.98 0.74 19.87 15.62 -21.383 64.22

4 55.40 51.77 -6.55 0.00 2.02 0.97 14.39 13.76 -4.33

T bl 5 23 R I f R h II

th MC X thoda e esuts or eac - using e - me
Obs

Comp
Peak Peak

Obs Comp VolumePeak flow timing RMSE
Reach Event Peak E Volume Volume Error

outflow (m3.s.I)
Error Error [m3.s-11 (mcm] (mcm) (%)(m3.s·l

) (%] (%)

1 51.25 47.65 -7.02 1.65 4.58 0.86 13.63 12.37 -9.20

2 55.52 51.60 -7.06 0.00 7.51 0.81 18.54 20.64 11.36
11

-11.02 0.00 8.78 0.75 19.87 15.66 -21.173 64.22 57.14

4 55.40 51.70 -6.66 0.00 2.07 0.97 14.39 13.77 -4.28

T bl 5 24 R I ti R h II

The depth of flow and the Muskingum parameters in both methods are nearly equal, showing

no difference in the computed hydrographs.

As shown in Tables 5.23 and 5.24, Event 4 resulted in a relatively small RMSE and large

coefficient of efficiency (E) values. Hence, Event 4 was selected for sensitivity analysis in

Reach-II, as shown in Section 5.3. The other events have errors of less than 22% for the

statistics considered

5.2.3 Reach-II I

The estimated catchment characteristics and parameters for Reach-Ill are contained in Tables

5.25 to 5.28.

ha e lye u IC parameters or Reac -Ill using the MC-E method
Reach Event V•• [m.s"] V.. [m.s"] R(m] y (m] S ('Yo] 0

I 0.85 1.04 1.08 1.62 0.12 0.04

III
2 0.91 1.11 1.20 1.80 0.12 0.04
3 0.88 1.07 1.14 1.71 0.12 0.04
4 0.78 0.97 0.94 1.42 0.12 0.04

T bl 5 25 H dra r
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h MC X th dfi R hIlIbi 26 H d rTa e 5. lye rau IC parameters or eac - USlOg t e - me 0

Reach Event Va. [m.s" ] Vw [m.s"] R [m) y [m) S[%) n

I 0.84 1.03 1.07 1.60 0.12 0.04

2 0.91 1.11 1.20 1.80 0.12 0.04
III

0.88 1.07 1.13 1.70 0.12 0.043

4 0.79 0.96 0.97 1.45 0.12 0.04

th MC E th df R hIlIa e S una e parame ers or eac - us109 e - me 0

Reach Event dL[m) dt [s) A [m21 W[ml Qo K[s) X Co C. C2Im3.s·11
I 4000 9000 21.85 20.25 18.49 3862 0.41 0.90 0.43 -0.33

2 4000 9000 28.97 24. 16 26.3 1 5998 0.44 0.91 0.24 -0.14
III

22.09 93 17 0.46 0.92 0.02 0.053 10000 9000 25. 15 22.10

4 10000 9000 15.32 16.21 11.89 10547 0.47 0.93 -0.04 0.11

T bi 527 Eft d

th MC X th df R hIlIa e SIma e .parame ers or eac - USlOg e - me 0

Reach Event dL[ml dt [s] A [m2
) W[m) Qo

K lsI X Co CI C2Ilm3.s·l l
I 4000 9000 17.07 16.00 18.49 3891 0.38 0.87 0.44 -0.30

2 4000 9000 21.60 18.00 26.31 5996 0.42 0.88 0.25 -0.13
III

3 10000 9000 25.22 17.00 22.09 9343 0.45 0.90 0.03 0.07
4 10000 9000 15.09 14.50 11.89 10388 0.46 0.93 -0.03 0.11

T bi 5 28 E ti t d

The computed and observed hydrographs from the application of the MC-E and MC-X

methods for Reach-III are shown in Figures 5.22 to 5.25.
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Figure 5.22 Observed and computed hydrographs of Event-I in Reach-III
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Figure 5.23 Observed and computed hydrographs ofEvent-2 in Reach-III
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Figure 5.24 Observed and computed hydrographs of Event-3 in Reach-III
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Figure 5.25 Observed and computed hydrographs of Event-4 in Reach-III

The results of flood rout ing analyses using the MC-E and the MC-X methods in Reach-III are

contained in Tables 5.29 and 5.30 .

th MC E h dT bl 5 29 R I f R h IIIa e esu ts or eac - usmz e - met 0

Obs Comp
Peak Peak

Obs Comp Volume
Peak flow timing RMSE

Event Peak Im3.s·l
) E Volume Volume Er ror

Reach outflow [m3.s·l
]

Er ror Error [mcm) [mcml [%)[m3.s·l
) [%1 [% )

I 40.65 39.62 -2.52 2.38 3.70 0.82 10.34 9.71 -6.15

III
2 52.97 43.14 -18.55 0.00 5.86 0.64 11.08 11.66 5.28
3 39.64 38.74 -2.27 0.00 1.77 0.95 8.72 9.45 8.37
4 19.97 20.36 1.94 0.00 0.88 0.93 5.67 6.36 12.25

th MC X th da e esu s or eac - usmz e - me 0

Obs Comp
Peak Peak

RMSE Obs Comp Volumeflow timingReach Event Peak outflow Peak
Error Error [m3.s·l

)
E Volume Volume Error

[m3.s·l
) [m3.s·l

)
[%] [%] [mcm) [mcm) [%)

I 40.65 39.20 -3.56 2.38 3.67 0.82 10.34 9.71 -6.15
2 52.97 42.92 -18.97 0.00 5.85 0.64 11.08 11.66 5.29III
3 39.64 38.53 -2.80 0.00 1.78 0.95 8.72 9.45 8.37
4 19.97 20.37 1.98 0.00 0.88 0.93 5.67 6.36 12.26

T bl 5 30 R It fI R h III

As shown in Tables 5.29 and 5.30 for the MC -E and the MC-X methods, large volume errors

were obtained for Event 4. Generally, the result obtained from all of the events show that the

94



computed hydrographs from both methods are similar to the observed hydrographs, with

errors of less than 20% for the statistics considered.

As shown in Tables 5.29 and 5.30, Event 3 resulted in a relatively small RMSE and large

coefficient of efficiency (E) values. Hence, Event 3 was selected for sensitivity analysis in

Reach-llI, as shown in Section 5.3.

5.2.4 Section conclusion

As observed in Figures 5.15 to 5.25 and Tables 5.16 to 5.30, the results of computed

hydrographs using both empirically estimated parameters and parameters estimated from an

assumed cross-section resulted in acceptable results when compared to the observed

hydrographs, with errors of less than 26 % for the statistics considered. Hence, it is concluded

that the methods can be applied in ungauged catchments.

The addition of lateral inflow in the simulated hydrographs was not sufficient adequate when

compared to the observed outflow. As the length of a reach increases the possibilities of

tributary inflows also increases. Hence, in large catchments the tributary flow should be added

separately.

Since the ungauged flood routing methods utilise empirical formulae, the results may not be

equal to the calibrated flood routing methods. The results indicate that the ungauged flood

routing methods have estimated the simulated hydrographs with reasonable results when

compared to the calibrated method. Hence it is concluded that the methods can be applied in

situations when there are no observed data sets in the catchments.

From the events analysed, Event 3 in Reach-I, Event 4 in Reach-Il and Event 3 in Reach-III

were selected for sensitivity analyses using MC-E method.

5.3 Sensitivity Analyses

There are various limitations of the Muskingum-Cunge flood routing method and its

assumptions which were outlined in Sections 2.1 and 2.2 The Muskingum method has
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different responses to variations in physical catchment parameters such as reach slope,

roughness coefficients and channel geometry used in the model. The statistical analysis of

computed hydrographs with the observed hydrographs describes the model performance with

regards to specific input variables to the model. Variations in roughness coefficients, reach

slope and channel geometry influence the computed volume, peak flow rate and timing of the

hydrographs. Hence, the sensitivity of the computed hydrographs to a 50% variation of the

variables was analysed. The model sensitivity analyses were undertaken using the three

selected events. A 50% variation was used in the sensitivity analysis as this is the typical error

that could occur in the estimation of these variables in practice.

The three selected events have a large flow rate with small lag time (Reach-I), medium peak

flow rate with large lag time and additional lateral inflows (Reach-Il) as well as a small peak

flow rate with medium lag time (Reach-III).

Changing the catchment flow variables changes the K and X parameters. Hence, the variation

in the outflow hydrographs is due to the change in both the K and X parameters.

5.3.1 Sensitivity analysis for the coefficient of roughness (n)

The values for the roughness coefficient of the river reaches used in this study were

subjectively estimated from field observations. The seasonal variation, subjectivity and other

errors may change the estimation of the roughness coefficient which could influence the

simulated hydrographs (Section 2.9.3). To analyse the effect of error in the estimation of the

roughness coefficient, hydrographs with a 50% variation in the roughness coefficient were

computed for the three events while keeping the other variables constant.

Increasing the roughness coefficient by 50% increases the value of the K parameter and

decreases the value of X parameter. From the results for Reaches-I, II and III, it is observed

that a 50% increase in the roughness coefficient, increases the peak error by 0.19 %..

Decreasing the roughness coefficient by 50%, decreases the computed peak error by 1% in

Reach-I; increases the peak error by 0.0% in Reach-II and decreases the peak flow by 0.13%

in Reach-III. The variation of response to the same variable change between the reaches may

be explained by the fact that the increase or decrease of resistance affects the lower flows

96



more than higher flows. The lateral inflow into the main reach may also have an effect on the

variation of roughness coefficients in Reach-II and Reach-ill.

Figures 5.26 to 5.29 show the effect of variation of roughness coefficient on peak flow, shape

and volume ofhydrographs for the selected three events .

From the results obtained, it is evident that the performance of the MC-E method is insensitive

to the value of the roughness coefficient used , i.e, a 50% variation in the roughness coefficient

resulted in a change of less than I% error for all the performance statistics considered.
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Figure 5.26 Percentage change in peak flow error relative to reference peak flow for a 50%

increase and decrease in the roughness coefficient
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Figure 5.27 Percentage change RMSE error relative to reference RMSE for a 50% increase

and decrease in the TOughness coefficient
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Figure 5.28 Percentage change in volume error to a reference volume for a 50% increase and

decrease in the TOughness coefficient
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Figure 5.29 Percentage change in coefficient of efficiency (E) to a reference E for a 50%

increase and decrease in the roughness coefficient

5.3.2 Sensitivity analysis for the slope (S)

It is evident from the sensitivity analysis that changing the slope affects the K and X

parameters differently. When slope increases, the K parameter decreases and the X parameter

mcreases.

Figures 5.30 to 5.33 show the effect of variation of reach slope on peak flow, shape and

volume of the hydrographs for the three selected events. In general, increasing the slope of a

river reach increases the velocity of flow. As a result, there will be a decrease in lag time that

apparently increases the magnitude ofpeak discharge.

The analyses for varying the slope by 50% it is shown that effect on the relative error for all

performance statistics considered is less than 2%. Hence, variation of a slope of 50% has little

effect when routing is performed.
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Figure 5.30 Percentage change in peak flow error relative to reference peak flow for

50%inerease and decrease in the channel slope
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Figure 5.31 Percentage change in RMSE error relative to reference RMSE for a 50% increase

and decrease in the channel slope
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Figure 5.32 Percentage change in volume error to a reference volume for a 50% increase and

decrease in the channel slope
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5.3.3 Sensitivity analysis for the channel geometry

Changing the geometry of the channel section is expected to affect both the K and X

parameters. As contained in Table 4.1 (Section 4), the ratio of the kinematic wave velocity

(celerity) to average velocity for wide rectangular channels is larger than for triangular and

parabolic section channels. The ratio of celerity to velocity for a triangular section is larger

than that of parabolic section channel. From the sensitivity analysis it was observed that the

changes in the peak flow errors are lowest for a triangular section. Figures 5.34 to 5.37 show

the effect of variation in channel geometry from a parabolic section on changes in peak flow,

shape and volume ofhydrographs for the selected three events .

The sensitivity of flow to channel geometry shows that there is a decrease in the RMSE and an

increase in the coefficients of efficiency (E), when there is a change in geometry from

rectangular to parabolic and to triangular section .

These results show that different assumed geometrical shapes have an effect on the computed

hydrographs. However, the statistics of performance vary by less than 1% and hence it is

concluded the selection of cross-sectional shape is not important for flood routing using the

MC-E method.
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Figure 5.34 Percentage change in peak flow error relative to reference peak flow for a change

in the channel geometry
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channel geometry
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6. DISCUSSION AND CONCLUSIONS

Hydrological flood routing techniques are widely accepted and are extensively used in

engineering practice. The ability to predict the changing magnitude and celerity of a flood

wave as it propagates along rivers or through reservoirs makes flood routing important in

designing hydraulic structure and in assessing the adequacy of measures for flood protection.

However, in practice, only a limited number of gauging stations are available, and even

measured or gauged runoff data are frequently unreliable. To establish gauging stations is an

expensive task and on-going maintenance and service costs are also significant.

As it is conducted in this study, the factors considered when selecting suitable gauging stations

for streamflow records include the availability and quality of data, and the suitability of the

river reach to estimate flood routing parameters using Muskingum methods. In this study,

reaches of different lengths were selected to assess the influence of river length in the

application of flood routing methods. From an inspection of the flow data, it was evident that

some of the observed hydrographs had unrealistic records, which might be due to technical

problems or to incorrect data acquisition. Hence, the quality of data was carefully examined

before selecting events for calibrating the Muskingum methods of flood routing.

From the analysis of both M-Cal and M-Ma methods, the results displayed reasonably similar

volume and shape compared to the observed hydrographs. Since, Reach-II and Reach-III are

long reaches, lateral inflows were added to the flood routing method. However, the addition of

lateral inflow to the computed hydrographs in Reach-IT and Reach-III was not sufficient to

obtain the observed peaks, but did results in outflow peak discharges, which were larger than

the inflow peak discharges, as evident in the observed data. Since, the addition of lateral

inflow as used in this study considers only flows that are derived from the same rainfall event

that resulted in the hydrographs, the under simulation of lateral inflow may be attributed to

inflow from other catchments caused by different rainfall events.

As it is observed in this study, the computed hydrographs using the M-Ma method are a better

fit to the observed outflow hydrographs for those that have good quality of data and a

uniformly increasing discharge than the hydrographs computed using the M-Cal method.

However, both methods produced acceptable results with errors of less than 20% for most
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statistics considered. Both methods performed better for shorter reaches where the effect of

lateral inflow is not significant. However, the parameters of M-Ma method only derived from

observed hydrographs and it is not possible to apply M-Ma method in ungauged catchments .

The parameters of Muskingum-Cunge method can be derived from reach and flow

characteristics. Hence, the Muskingum-Cunge method, with empirically estimated parameters

(MC-E), and Muskingum-Cunge method, with variables estimated from assumed section

(MC-X), was applied in ungauged catchments.

From the results obtained, it was generally found that the estimated values of the flow

variables in both the MC-E and the MC-X methods were nearly equal in this study, which

resulted in similar computed outflow hydrographs. The computed outflow hydrographs using

both the MC-E and MC-X methods have acceptable errors for the peak flow magnitude, peak

timing, volume and have small RMSE values. In addition, the coefficients of model efficiency

(E) are also near to one in most cases, which indicates that the hydrograph shapes are very

similar to the observed hydrographs. Hence, it can be concluded that the MC-E and MC-X

methods can be applied in ungauged reaches where observed data sets are unavailable.

As noted in the previous sections , the selection of an assumed section requires an in-field

inspection to select representative section to use for the estimation of variables in the MC-X

method. The selection is a subjective procedure, which could result in different computed

hydrographs to different scenarios in the same reach. On the other hand, although the

parameters of MC-E method can be estimated from empirical equations, the method is not

subjective and result in the same computed hydrographs for different scenarios in the same

reach. Hence, it is recommended that the MC-E method should be applied to route floods in

ungauged catchments .

From the sensitivity analysis, it is evident that the performance of the MC-E method is

insensitive to the accurate estimation of the roughness coefficient and a 50% variation in the

roughness coefficient resulted in a change of less than 1% error for all the performance

statistics considered. Similarly, the performance was found to be insensitive to channel

geometry.

Hence, from this study, it can be concluded that Muskingum-Cunge flood routing method,

with parameters estimated using the MC-E method, can be used to route hydrographs in
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ungauged reaches in the Thukela catchments and it is postulated that the method can be used

to route floods in other ungauged rivers in South Africa.
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7. RECOMMENDATIONS

In the methodology used, errors may be inherent in a number of the steps performed. For

example, the original observed flow data were converted from stage height to discharge

assuming steady state flow conditions and the slope of the rivers extracted from a digital

elevation model was averaged and does not consider sinks and waterfalls along the river

course. In addition the calculation of travel time using hydrographs, the approximation of

hydraulic radius, the roughness coefficient and slope extraction from digital elevation model,

as stated in the methodology section of the study, might also introduce further errors . The

assumptions made in estimating variables and the subjectivity while interpreting and

collecting data in the field were other factors that affected the routing procedure.

It was assumed that the reaches used in this study were uniform. However, the three reaches

used (Klip and the Mooi Rivers) have varying widths and cross-sections and do meander as

well as having different vegetation cover within the reach. The discharge is related to the

channel dimensions using empirical formulae that were developed for different river

conditions. Furthermore, the linearity assumption of the Muskingum-Cunge method along the

river reach might also introduce errors in the computed hydrographs. Considering all the

above assumptions made in this study to route floods in ungauged catchments, the following

recommendations are made:

(i) The empirical formulae and base roughness coefficients should be checked at a

regional level and be related to historical flow records to verify the empirical formulae.

(ii) The slope of a reach and roughness coefficient requires practical experience to

determine realistically. Hence, the estimated slope and roughness should be checked

against the practical scenarios.

(iii) The computed hydrographs do not fit the observed hydrographs as well in longer

reaches (i.e. Reach-II and Reach-III) compared to a short reach (Reach-I). This may be

explained by the inadequate estimation of lateral inflows to the main stream. Hence,

lateral flow to the main stream requires a regional level study to estimate the

coefficients, such as ~.
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(iv) Overbank flow cannot be simulated by the Muskingum-Cunge method. Therefore,

these cases need further studies or modifications to consider floods that spill over the

banks .

(v) The methods are not applicable to steeply rising hydrographs. Hence, further research

needs to be conducted to apply the Muskingum method to flows with high velocities in

ungauged catchments.
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